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'N hifce Elematis concinttandu id potiJJjjjUtm 
#g(, at pracipua* Se&ionam Comcarum pro- 
prietute/ ^uhmp^m breviter (i dUucidi de^ 
Mifiratas d*rem. 

. f^mc infiHem proprietates ct^tas cmatusfum 
ImraHhta (al plurimitm) thearematu compk3ii 
)mrH notte ali^uammuftas aliarumve tantiande- 
wtfirattonibus pramitti Jblitas, refecuii ufupra- 
^tti commndatas^ auti quibus penitiar SeBionum 
UteraperjpeUa ft^inferm ; has denique eo ordine dif~ 
J^.M {rarijimi aliis iis ia auxilium vocatis)pofte- 
orej a prioributfacili ac eorainm nexu pendeant ; 
\ ab hifce iUarum veritas haud coaUk emaiut, 

In principalioribus SeUionum i^eSionibus [qui- 
tfqae reliquarum quaji carda vertitur) eliciendu^ 
•o infiituti ratione, metbodo peculiariy {e? ab omni- 
w mthihaUenus cognitu lor^e diversi) ufus fum: 
ud £? operis compendio pr^pexi^ fimulque effeci 
■ proprietates haud paucas, aliis molefia J^ 
m intricacii laborantes, in plano dejnonflra 
(fum fit. 

Mi cteteris {quibm operu rmks non nititu. 
^]am trit& vid incedere , quam { nuffo j 
'KtniedM vel emolumento ) nova ubique c 
andi media conquirere -,' yirique CL P, , 
ire \omnifere alia librorum fubfidio defii 
monfirationes plerumque adhtbui^ Hujus 
■ones iemrtiaUcas e» Itbri primi parteprima 
tdd [operis fci/icet maximi) qtiotquot ufm 


P R JE F A Ti O. 

huc trar^ali. ^tt* verh ejufdem libri primtjw 
terti&plt^ibuspropojkumbtts in drctdo Mttumfirm 
totuiem quafi altu Hlfri Jecandi pr»mittit yir i 
inveniet hic Le^or in ommbus SeSiotti&ut ed^ 
operk ofienja, 

Hsec demque inprtvatum ujum elucubrata, et 
Viris doBii nen dijplicere comperiffem^ Jaadeatik 
amicH armui utpiu>lici juris eJferU. Nec aUo Jk 
qu&m Jcietttias Mathematieas {Ji^ua pejfem ) pr^ 
mavenaijittdio -, qtue uti in omni vttdjunt len^i u 
lijftma y Jic in univerjs naturw phaaonun&n cm 
inveji^andis apprimi mceJjTaria : cum nempe i 
ipfte naturales cum ideu uliis quas de ia mens nt^ 
effinzere valet^ prater ea qua mathefis contempk 
potts efi^ {molemputAfJ^am^ponduSy motum^^ 
baud quicqttam cammune habtant. 
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P A R S I. 

\ 

t 

S E c T I O I. 

Definitimes. 

SI ^ pundo quovis A txtxz circuli B D E C Pig. I,i. 
planum pofitOi Re&a linea A E utrinque in- 
nnite extenfai per totam circuli peripncriam 
rcuioagatur ; Binae hujufmodi motu genitae fupcrfi- 
ts» Ggujatim Conicae fuperficies appellantur. 

II. uonjun^tini vero^fuperficies ad verticem oppofit3(| 
d Cmpliciter fuperfiaes oppofitae. 

III. Pun£lum A Venex dicitur. 

IV. Circulu$BDEC Bafis. 

V« Re6b A G per verticem A & bafis centrum C 
trinque infinite produ£ta Axis. 

VI. Solidum fuperficie conica & bafi contentum Co- 
ps dicitur* 

VII. £t quidem^ fi axis ad bafim re6lus fuerit^ Co- 1. 
Ds Re£lus. 

VIII. Si inclinatusi Conus Scalenus. ^- 

IX. Gommunisplani alicujus cum fiiperficie conica 
tterieftio^ Sedio Ck)nica dicitur. 

CmMarhm def. i. Re& pcr pundbm quodvis ia 
tntvis fuperficte & verticem duaa, tota elt in eadem 
toer&ie ; Produ£Uque ultra venicem efi in fuperficie 

»pofiu. 

Prop.I. Theoremal. 

Frmed AE^ per vertkem Aducia aiauodvis ^. 
E intra utramvis Juperfkierum oppojtiarumy 
A quantumvis 


\ 


ijofiittuttw utrmfue produftay intra fupfrScm m 
cjisqfiAnetur. XeSaque fer wrtkem AJuRa MiifA 
meijpinSum G extra utramjue fuferficiem^ fud 
fumdijnroduffay extra utramjuejupetficietn mmet i 
Haec propofitio clarior eft^ guam uc detDonftmtioi 
cgeat ] 

Prop. IL Thfior. 11. 

> Stper hmas fmjcuuque re&as AB. ACper veri 

4« cem Am fuperficie ccnica duStas^ cogitetm tr^t^ 

pfanum ; /Jem jupetficia conica JohtmmoJo in re 

jlJSy AC occurrit\ Etfuperficiei oppofit^ in etfi 

AB^AC proiuRis. 

Occurrant re£be bafis peripheriae in B, C ; Sum 
ni eadem peripheria quolibec punfto F, & conn< 
A'F ; Cum fic ( ex nacura circuli ) punSum F e 
ttSbm BQ eric reftaAF excra planum A B C^ [ 
dudbque ultra verticem erit excra planum produ<6); 
Idemque eric de omnibus reftis in iuperficie conica pa 
ter AB, AC 

CcroUar. i. Hinc plahum per A B, A Q intra ann 
lum B A C atque iiicra angulum huic ad verticem d 
poficum^ eft incra fiiperfiaes conicas y incra angub 
vero qui funt hk deinceps^ efl; excra eafdem. 

CoroS.2,. Communis interiedio plani alicujuscoi 
fuperficie conica & bafi eric triangulum. 

Prop.ni. Thcor.III. 

ReSt^hnca £2)^ conjungens bina qtuecunqiie ^ 
^* ffa £j2> in eadem conicajuperficiejumptay Eriiti 
intra Juperficiem conicam ; prodaSafue neutri fisperji 
^ ertmoppojitarum an^ius occurrit. Contray re£ta £ 
conjun^ens bina punffa Ey2) in optofitis JUperficief' 
Jitmptaj erit extra utramque fi^perficiem ; produSta 
utrtngtte intra utramjue deinceps continetur^ neutri 
^um amphus occtirrit. 

Kam dudis A E, A D & produflis in B^C; Plan 
per AJ3C; inquo ficaeftredb AD^ nonoccurit ii 

perficiei 


Ni$| Qifii in ipGscoSis AEC, ApB; Neque 
^iS^C^E atnplius occurrit re£tis AB, AC qaatn iu 
^h P^S^ ^^^ occurrit fuperficiebus nifi m t)^ £. 
E/fooad tatum cxtei^iioin vel injterniim jervat necel^ 
m cofulitiones plani fui Corollario i^ pr^ececl. e^ofi"^ 

ttSL 

Prop. IV. Theon IV- 

SfCStcti&imyjui bafis eB coniy cmth^^n^ Z> E 
mDyM coni autem vcrticc A adcmta^um ^fya^atur 
reffa A2)\ Plauum ADE^ per utramcfue uGtam 
protkiStmyConifupcrficiemJecwiJam reHam AT^con^ 
tmget. 

Rcda A D tum fuperficiei conice tum plano A D B 
communis elt ; Cum vero practer D, quodvis pun6lum 
F in bafeos peripheria fic esctra re£bm D E^ Erit etiam 
praeter D A, quaevis alia redla in fuperficie Conica F A^ 
cxtrsv planum A D E ; unde liqnet propofitum* 

Coi^lL I. Hinc & exde£ i. liquet planom ADE 
produdtum, fuperficiem oppofitam in DA produi^ 
concingere. 

Coroll. 2. Hinc etiam patet methodus ducendi pla- 
num, quod fuperficiem Conicam in data reda A D con- 
tingat. Duoa nempe in plano bafeos re£ta D E peri- 
pheriam ejus in D contingente, A^loque per AD^ D E 
plano ADE, propofito iatisfiec 

Coroll 3. Practer ADE, aliud planum fecundum 
A E fuperficiem conicam non contingat. Nam fecus 
inter(e6iio ejus cum bafi hujus peripheriam iecabit; 
unde & planum ipfiim fuperficiem conicam fecabit, 
comra hyp. 

Prop. V. Probleraa I. 

Tpr YeEian^ AC^ per coni verticem Aextrajuperfi- 8, 
^^ €/^<f Mcunque duStamy Tlanum ducere qmdfii- 
perficiem conkjm contingat. 

Pcr AC agatur \ncunque planum, fecans bafim in 
GH, Cui redta A C ( cum in eodem fit plano ) occur- 
ret, vd crit parallela ; 

A 2 1*^ Occur- 




1 

ft*. Ckeumt in E ; IpaoSto E bftfios peripheii| 
ttmmffit txumms porie i^aii £D^ CDnnexftAl 
Erit A D E planum quzfitum. 
, . Ta&fit enim ptr AC & (pelf pttced^) iaf4 
y- cicm coni^m concingit i^ 

p. a^. Sit ACForaUela GH;BifleaaGHinM, d 
Staqnc ex utravis parce id G H perp^diculari Ml 
g^ue D£ paralleh GH» & connexa Al>> Eii 
xterum A D £ planum quxfitum. i 

, Naib ( ob AClIGHIlDE) erit AC.in pLu 
A D ^ ; Cumque fit M D ad G H perpendicularisi 
D E i I G H, Continget D £ bafeos peripheriam in I 
iiikk>(per prxced.) planum AD£Conicam fupeij 
$ciem contmget. 

O^oIL Liquet bina tantum plana per A C fiiperfi 
em conicam . contingere; Ex utraque icilicet ] 
]^fu AC^ unum. 

> 

ProptVI. Theor.V, 

lo. lSje£fa fikevis E2)y re^ia curm AB pcr vertkt 
A in ipja fuperficie conica iuStay pmraUeia^ modo \ 
Jit in phno Juperficies in AB contingentc. Cfni tant\ 
Jnp^fieierum oppojiterutn y idque in unico punSo 
occurrit ; Hoc ejl^ ex tfnapartey tota eft extra utra\ 
fue juperficiem ; Ejc altera^ tofa intra iUam contineti 
tn ma pufUium EJitum eft. 

Planum per paralklas A B, E D , fecet fuperficil 
incAC", Planum BAC, m quo re£la £D fitael 
non occurrit fuperficiebus^ nifi in A B, A C ; Redacri 
E D ( ob paralieliimum ) non occurrit re£te A B ; U 
currit tamen neceflario redlse A C alicubi in E, roane 
que ex una patte pun£li E intraangulnm BAG, c 
altera, intra angulum qui cft hxxvt: deinceps ; Unde A 

CnroU. Liquet planum per D E |dano iecundum Al 
iuperficiem conicam tangenti parallelum^ fuperfiq 
pppdStsip non occurrere. 

Pro 


m }f iAt^4f^ 4ifM wtra /u^jStks cmkas' tmenti^j xi. 

Mw)E^F'. Om^ifue reHa JBJ^ fer fmniSfiim^fMtlitt ii. 

; % Mtriims jufirfick ikSHi^ rcB^e aam ttr varii*^ 

m AT> cxtrafuferfieks cademi^ pxruUeUy BdHii 

feificiei ocMrit ^tn F\ Excepto dmtajuu eafi$^ «Ar 

)nffum Efmkm reSfa AC^ pew$dum fUMmfy> 

imper A^fuperfieiesctmtif^it. 

Per AD& redum EFtmnltat phnuib. (eam^<x>^^ 

tcas ruperficies in B A b, c A C ; qood iemper fiert 

ifle, nifi in atfa memorato, plus fatis «ainfefiinQ 

L Cutti A D cadat intra angulum B A C^ ve( B A t^ 

tSm E F, quseeit ip(i A D parallela, &io eodemcutti 

il pknO) occurret neceflario uirique AB, AC aU** 

ibi m E, F ; Eritque in pridri quidem caTu oocur^ 

luai alter F in A B produ6b ; liquet ergo propo.fityia 

i Sin pim^iuni £ in pofteriori cafu, {\i m redla (etun- 

im ^mnn pianumjper A D Ripertiiiias conidui con^ i|* 

ilgic, maiiiMlmiieft planMi per AD &|«iadtemi 

xx^niisas^iiiperficiesnoalecarei & raftam 'BFtlAD 

le iti ptano fuperficies conici» fetundum tx&sai 

^EG contingente^ . ^ 

€hr§il.t. Per Prop. 3. alteriu» Ikjivet Kefhm EP^ 11. 

ili in pundiis B, F^ neutri fupeiikierum dppdfitarum 12.» 

bplius occurrere. . • 

<>r$U, %. Omne plamwn per E F, ita pribri atffi, 16- 1 1. 

fcit mram«)ta$ fuperficiem; Etift pcltetiori,'!! ^' ix, 

p imnfeat planum aliquod) extfa tttramqoe f\tt^^ 

s^ cadens, planum per E F huic paralldum, 'fti 

^ cdmcam, in qna pun6ltam B uimptumeA^' ^^hckl^' 

It ex omiii parte ; fupcrficiei tatiien f^jipt&vit ntfn 
teurret. .• • • ^ '•■ •■ '.»*.-;-i 

<:mH. 3. Hfec prop. valet convttfiwy lit matiftftmil ■'' 

A j Prop. 
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14. i iSi ' khtrktra Jkptrficierum ctf^imUm-^in fsceim 
^Mo4dfics pamek^ ErkfaSlsfiahEGFLGrcnk 

^^^S^tuc Conus utcimqfue per axefli duobus plaiu% & 
cieiiribus triangiila ABD, AIK, ^He^Gopus^ pco* 
du6la occurranc plana Sedionis in GHL| EHF; 
Ob i)lana parallda, erunt triangula A H F, A C K, 
utietiam A H L, A C D liniilia : Quare 

AH:AC::HL:CD 
& AH:AC::HF:CK; unde 

HJ:^HF::CD:CK. Eft vero Cbafeos 
centrum, UndeCD=CK, ergo&HL=:HF. Pari 
modo oftendetur G H cz: H F ; & fimiltter in quavis 
aHa interiedlione plani E G F L cum plano per axeui* 
Eft ergo ieftio EGFL circuli circumferentia, cujos 
centrum H. 

Prop. IX. Theor. VIII. 

Ij.. Si Conus fcaknus A B C L fecetur fiano per axem^ 

^ adbafim reSlOy fmente trianguhm ABL ; Refe- 

ffoftie utcunfue ab o^guhB/lL triaugtdo 'AHI^ 

triat^h A L B Jimibj fiJ Jubcontrarie fofito^ {i.e, 

ut ju Ang, AL i?= AV I ) jecetur iterum Conus 

plano per7)Iy ad trianguli A BL pknum reBo^ Brii 

faffa in Juperficie conicaJeSfio Z) KIF circuii circum- 

ferentia. Vicitur autem 2) KI F Seilio Subcontraria. 

^ Per ipfius DI pun^um quodvis G ^atur reSa 

fi G H, jpfi B L parallela, Per quara tianteat planon 

ad^Ianum triangult reftuiB, proindeque bafi paralk; 

4um, &ciens ( per praeced. ) in fuperficie conica ciraili 

dicum&rendam FEKH, planumoueper DI iecaii^ 

ia teBoi F G K ; Erit ( propter planum per axem ) 

refta EH circuli FEKH diameter; Et ( proptcr 

Utriuique je^onis planum ad planum triax^uli redum) 

crit eorum interfeoio K G F ad utramque D G, £ (1 

pcrpcfl- 


• il 


perpendicularis ; Efl: itaque ( propter circuluin) 
JEGxGHrsGFqsjiGKq ; Sunt wro ( proptcr 
Ang. AID^AEH^ &DGE = HGI ) triangula 
DGE^HGI fimilia; UAd& DG:GH:;&^:tl; 
Brgo DGkGI=EGxGHc=(prius)GFq:=^G(^vqj ^ 
Suat ergo punda F, K ad circuli peripheriaQv<^|K 
diametcr D L Idemque erit de quovis alio puo^. in 
rc£b D I. £ft igitur D K I F Circuli circuinferemia« -> 

• ' *■ . 
Prop. X. Theor. IX. ; > 

Si in fuperficie conmj kplano qumshafi nonpand- \% 
khy fiatjeffio 2> FlJfCy quajit circuli circufttferentia ^ 
£xit eadem leffio Jubcontraria. 

Planum bafi parallelum faciat circulum EKHF^ 
fecetque planum circuli DF I K in KG F ; fit ciDGuii 
EKF diameter EGH adKGF perpendiciiJiUEifi « 
Tranfibit hsec per axem^ eritque K G c=: G,F. Per re^ '< 
flam E G H , & coni axem tranfeat planum^ i^na 
planum circuli D F I K,in D G I,& bafim in B L II E H; 
Erit (obcirculos) EGxGH = GKq=GFq = 
DGxGI; Ergo£G;PG::GI:GH; Uade TrJan* ^^ 
gulaDGE, HGI fimilia , & ane. D£G = HJG. 
Porro quotcunque circulorum bau paralklofum dis^ 
metri, qux funt in plano per axem & redta^ E H, DI:i . 
perpendiculares erunt ( ob plana parallela ) ad reipe6Ur 
Yaseorum interlediiones cum p]ano circuii DFIKy 
eaique ideo bifeabunt ; Hoc eft^ re(U D I (q^ eit in 
eodem plano per axem ) eas omnes hilecabit, & pro-' 
ptereaettdiameter, & ad eaidem perpendiculari& ; Re- 
^ itaque F G K ad utramque D I, H £ perpeijdicubh 
riseft; proindeque planum peraxemtamad planum 
drculi DF I K, ( hoc efl; ad bafim^ ^ quam ad pl^num 
circuliFGIK re£tum cft. Unde liquet.propo&tum. 

CoroU. Hinc nifi fe£lio conica fit, vel £eaio .fti^Qn- 
ttaria, vel fiat^ plano baG paralleloj, Qon ^jy cjg^uii 
circumferentia. 

II. Lemma 


Lemoiai. 


1 


Si dmumplmoitum ABEy BCE^ cum phm 0M- 
16* psQ terth, interJeSiones A 2^ C f Jini paraMele ; ErU 
eiiam mutua ipjhrum interjeffio BE ip/is A2>f C F* 
puwaMela. 

Secentiir utcunque hsec tria plana i duobus plaois 
inter fe parallelis, quorum interie^liones conltituant 
triangula ACB, DEF; Erunt ( ob plana parallela ) 
trianguli A B C latera AQ AB, BC, trianguli D E F 
lateribus DF, D£, EF^ reipeSive parallela; Unde 
anguli paralldis lateribus contenti erunt aequales ; Scd 
( ob parallelas re£hs ) A C = D F ; adeoque ip(a tcir 
angula aeqnalia^ &imiilia. Ei%oCB=:FE^ acpro- 
ptereaBEllCFIIAD. 


"^ 


Definitiones. 


17. I. Si Conus A B C pbmo A D E utcunque per ver*^ 
ticem fe£tus, rurfus plano iecetur plano A D E paral- 
lelo ; Erit iaAa in illius fuperficie Jedlto F G H H Y-* 
P E jl B O L A ; cujus planum produ3:um, fuperficiei 
oppolit» occurrens, £iciet ejufdem nomints fediionem 
. f ng ; Hx vero binse conjun^tim/p^/aii^j cppojit^ vo^ 

y cantur. 

18/ Zi Si per Coni verticem A^ extraque illiusfuper& 
ciem, ( hoc efl; illam nec iecans nec ungens ) tranieat 
utcunque planum DAE; Seceturque iterum conuS' 
plano, plano ad D A E planum parallelo^ Fa£la in illi- 
usfuperficie fcaioFHG ELLlPSISdicitur. 

ip« 3. Quod ii pianum A D E coni fuperficiem contin- 

fity ieceturque conus plano, plano A D E parallelo^ 
aOa in illius fuperfik:ie fe&io F H G dicitur P A R A« 
BOLA. 

Coroff. X. Hyperbola, & Parabola ( cum conufn in 
circuitu non iecent ) fpatium non claudunt, & conti-. 
nuato Cono^ fimul in infinitum continuantur. Ellipfis 

vero 


irl 

Tcro Conum ambir, & in fe revoluta (patiQm undique 
claudit. 

Qroff.i. Liquet Circuli circumferentiam EDipfibus 
eftamiumerandam. Nam fi planum ]>A E per ver- 
ttcm 'fit plano bafis^ vel fedionis fubcontrarise paral-^ ^ 
Uum ; Planum huic |)arallelum ^ciet in Tuperficie co>- 
flica Circuli circumterentiam. Ideoque iub nomine 
Tel fi^lionis conicae in genere, vel Eilipfeos in ipecie, 
etiam Ctrculi circumferentiam compreheniam intdh- 
gatlditor. Qiiod (etnel monitum fufficiat 

O^oU. 1. Re6la conjungens bina auascunqae pun6b 
in (eftione Conicai tota cadit intra le£lionem, produ- 
fiaque utrinque extra eaiidem cadit^ neque ei aut fe- 
ftioni oppofitse amplius occurrit. 

CoroU. ^ Conjungens bina punfla^ in oppofitis fe- 
ftionibus furapta, cadit extra feftiones ;* produdaque 
Qtrinque intra utramque deinceps continetur^ Neutrir* 
qoeeariim amplius occurrit. Patet perprop. j. 

Cn-o//. ;. Unde Re£ta linea fedioni conicac, vel fe£l; 
I opp. in pluribus quam duobus puni^is non occurrit. 

Prop. XL Theor. X. 

Comtnmis interfeSHo I L plani aUcujus AMN^^jUr ao. 
perficiem conicam iangentiSj cum plano Je&ionis coni^ 
I C£ F/Gy feSiionem contingity i. e. tota extrafcSHo- 
nemcadit. 

\ Nam fi I L fecet feftionem ; planum A M N fcca- 
bit conicam fuperficiem contra hypothefin. 

CdTolL I. Praettr I L alia reda in punfito I fisilionem 20. 
, non contingit. Nam erit hujufmedi re6la neceflario 
in alio plano per A M, ab A M N diverfo ; quod ( pcr 
CorolLi. prop.4. ) Conum non contingit, ie. fccar, 
^ proindeque hxc refla fe6lionem fecabit. 

Coroll. 1. Duae quaelibet IL, MN Hyperbolam vel 21. 22. 

parabolam contingentes, neceffario eoncurrunt. Nam 

liflem mancntibus quae in dcfinitionibus ; fi dicantiir 

I parallclacj erit planorum A I L, A M N contingentes 

I ' , B forman* 
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ibnnantiiim interiedho A B (per Lmima i* ) ipfis I Ly 
MN jMirallela, ideoque in ipfb plano ADE^ quod 
leSlionis plano eftparaUelum. Sed in hyperbob ( pei 
Corott. prop. f • ) axiud adhuc planum per A B ( nempe 
ex altera parte plani A D E ) potef l conura contin- 
gere ; Et in Parabola ipfum A £ D conum contingic ; 
Tria igitur plana per unam eandemque redam AB 
Conum contingunt, quod ( per Cn^M. prop. 5. ) e£t ab- 
iurdum. 
aj. GsiroU. 3. In Ellipfi vero & oppofitis fe£lionibiis^ 
24. Q)ntingenti cuivis I L, erit alia aUqua contingens i I 
parallela. Sit A B re£U fecundum quam planum Alh 
ftcat planum D A E ; fi per A B agatur aliud planujn 
( per prop. f. ) ungens conicas fuperficies^ formabit 
hoc contingentem r / ; Efique (ob plana paraliela) 
ABltlL, unde IL||/7. Contingens vero^ pla* 
no per aliam quamvis re6bm in plano^AIL fbrma- 
ta, contingenti I L concurret| ut advertenti £icile pa- 
tebit 

CbraB.^. Contingens Hyperbolam fe£lioni opppfi- 
tx noii occurrit. Nam ( per Coro/l 4. poft dehnitio- , 
nes praeced. ) fecaret utramque fedlionem contra hy- 
pothefin. 

Corott. f. KtStx parallelx duabus plures , EUipfin 
vel Sedliones opp. non contingunt. Secus plana per 
eandem re£tam per vercicem^ duobus pIura,conum con^ 
tingerent. 

Piop. XII. Theor. XL 

at» lifJem pofitis qms in Jtfinittmibm praccdcnttbus ; 

2& In utravis Je&ionum opfojitarum , reffa qtuevis I K 
falia kplanoper utramvts A^D^ vel AEy i^tp^nBwn 
quodvis I in SeRione^ duiio^ pUnumque Jeaionis in 
I K fecante^ in unico bocpunSto I Je&toni occurrit ; fy 
ex unapartCy tota intra /effionem continetur ; ex aiteta 
vero manet tota extra utramfue feSiiomm oppofitarum. 
Similitery in Varabola^reSa I KfaHa kplanoper AEy 
i^punffum quodvis I in JeSione^ ducio^ feffioni in 

unico 
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' ^mfico boc punHo T xcwnrit ; mdnctqm ex una pme 

^^ntra^ ex altera extra JeSMonem* 

( ; 2. /Uprater ijliufmodi reStas I K^ ^g^is a/ia I L 

^'^perpunatum yuaJvts I injeffitmej in plano JeSioniSj 

^ JuBa^ Se&imi^ vel Jeffiomhus oppqfitis in Unis pun* 

^ Gtis \j L occurritj velJeSfionem contingit. 

} Ob plana parallela erit I K || A D, vcl A E ; uiide 

i< patet pars i per prop. 6. 

2. Gum ( bb plana parallela ) ttStst omnes I K Cnt 
^tdSbt AE, velAD, & (ibi invkem parallebe ; refta 
> ' I L nofl erit ipfi A D, vd A E parallela ; Proindeqiie 
I planum per I L & coni verticem, non fecabit planum 
u ADEy in AD, vel AB, fed alias in A B, qurae inhy^ 
^ perbola quidem poteft cidere vel intra Ang. D A B| 
i id cft intra fuperfacies Conicas ; quo in cafu ( per prop. 
} 7* ) re£la I L huic paraUela, occurret fuperfaciei op- 
17 pouta?^ hoc efti occurret Se£tioni oppofitx : Vel ex« 
p tra ; qup in cafii ( per eandem prop. ) oocurret denuo 

eidem (edliont, vel erit in plano fuperficiem contin- 
i gentei i. e. Seilionemcontinget. 
D In Parabola erit A B (emper extra fiiperficies coni- 
\ cas ; Unde I L vel (edtioni denuo occurfet, vdi ean* 

dem continget 
( In Ellipfa, per fe maniiefium efi reflam I L per pun* 27. 
\ ftum quodvis in ieflione I du^tam eidem denuo oc» 
( curre, vel laltem (edionem in eodem pun£to I contin- 

Prop. XIII. Theor. XIL 

In omnijeffione conica^ vel Saffiombusoppofitis^ rr- ^8. 
ffalinea JSC inplano Jeffionis^ perpunffum qmdvis ^ ' 
Bin SeffionCj vel utravis Jeffionum oppofitarum du- ^^[ 
ffuy reff^e I L Seffimem^ velutramws Seffionum op- gj* 
pofitarum in I contingentiy vel eidem in hnis punffis 
fj L occurrenti^ paraUelay Seffimi denuo occurrit in 
Cj vel Jaitcm Jeffionem^ veljeffionem ei^ in fua ejl pw^ 
ffum /, vel ftmffa ly L oppojitamy cmtin^et. 

In Ellipfi per (emanifeib eil propofiuo ; Sed in 
\ ' B 2 omnibus 


3* 


t«»3 

omnibus patet^x prop. 7. Naai tcStsL I L eric nece(Ia« 
riore£lx per verticem coni.extra fuperficies cadenti 
parallela. 

Vel aliter in Hyperb. vel Qpj>* fcit &parab. Per I 
intelliga^r I K eadem, qux in prop. prsccedenti. Re£b( 
I L, IK neceflariQ angulum e$cient ; Ergo B C it I L 
oon erit patalliQ^^ I K unde» ( per prsced. J liquet pro- 
poiitum. 

Noia. Si recla J L fit c6ntingens, Re6ia B C parabo* 
lam velex oppoficis Se6tionibus iUom. in.qua w pnn* 
£lttm I, non ^odtinget. Nam parabolam vel hyperboo 
}am parallel» re£Ue non contingunt. Ellipfim vel hy* 
perbblam oppofitam omnino potefi: cpntingere. . : > 

» 

Pirqp.XIV. ThcQr.XIIL 


Po/gtis m, §wir m HyperhUe ^ oppofitarum Je&Mh 
tmm defimtitnc^ ; 4S>' dm phna A^DI^ AEK Jupeifi' 
ficj conicas fccuhdam ^Ad^ EAe tangentiaj pia- 
numJeSlionumproduffumJecentiifreGHs IMiy KMk\ 
2)ico rcBas I ^ I^ KMk quantmnvis produBas neu- 
triJeHiomum ofp^taTum occurrere. 

Nam fuperucies conicx, ( in quibus ie6lioines fitz 
fant ) & tuana tangentia ( in quious (unt redx I M i 
K M k) fibi mutUQ non occurrunt, nifi in redtis D A d| 
£ Ae, quae ( ob plana parallela) funt extra planum 
iedlionum : Igitur redtas I M i , K M k iedlionibus 
non occurrunt . 

Uief. Petito ex re nomine, hse redae vocantur A 

fymptotu 

p. Coroll I. Omnis re£U AB, it\ plano ieftionum op- 

jg, pofitarum utrivis afymptoto parallela, uni fedlionuoi 

oppoficarum fdque in unico pup^o B occurrijt. Nani 

in cono homfinodi redta utrivis X M vel K M parallela 

erit ( ob piana parallela ) etiam redas D A, vel £ A 

parallela uade liquetper prop. 6. vel 12» 

1% Coroll^. Omnisrecta MC, per afymptoton o^cur- 

33. fiim M^ intra angulum IMK 4m^; Atque otnnis 

reila 
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re£la D E, qpa& ad pkgafi fe&ionum oppofiurum ik^ 
cat utramque afymptotony produ^la utrique Hflionum 
oppoiitarum occurret . Nai9?mcoj(iocrunt neceflario 
prallel^e reSis aliquibus in plano D A £, iatra Ang* 
D A £ c^demibus unde pat^t; pcr prop. rr* 

CaroJ/. 3. Re6la O HN byperbolam utcunque in H 34- 
contingens, produdb utrique afympto occurret in O, 
N, extra earum occurlum M^ & ad eafdem partes atm 
iedione. Nam fi dicatur eam tranfire per M^ vel eas 
ad plagas . oppofitas iecare, velefie .earum alteri pa- 
ratlelam, per jam ofieD& fecabit ie^li^neai ;. Rdilatque 
foluoMiiodo cafiis propQlttus. 

Coroll\. Unde qu« binae OHN, ABC eandem j^. 
hyperbolam contingunt, concarrunt neceflajrio in D, 
imra*. anguium M N afyjnptotis. contentum. Qiise 
vero OH N> ? h c oppoiitas ieftioncscontingunt, con- 
currimt intra Ang. a.M N| vel c M qut eit angulo 
O MN deinceps ; Vel ialtem fiant intet fc parallel». 

Coroll. $• RedaBC conjungens bina punda in ie<- 3^- 
Abne B G, utrique afymptoto occufret ad eaidem par- 
tes cutn fe^tione; Nam afymptoton alter^ neceflario 
occurrit, ijtilla MD; Du^a- CF 11 MGvEric (per 
C&rolf. I . hu j. ) punftum B extm r^m C F j; Unde 
B C cum C F angulum efficit. proindeque huic paral* 
lelas M G occiuret alicubi in A ; at non erit A in G M 
produda ultra M| alias C B ( per Ccir$JL a. ) occurreret 
re^ioni Of^ofits?, quod ( pcr CoroU. 3. pdft iedlio- . 
num definitiones ) iieri ncquit. 

Ccroli.6. Hypcfbola & afymptotilicet quanttimvfs j*^. 
produflds nonoccurrant^ propius tamen ad ie invioem 
accedunt.quam pro dato quovis intervallo. Dato ab 
utravis afymptoto M A intervallo A B, du£taque B D 
eidem afymptoto parallela, iecabit haBc( per Oroll i. ) 
Scftionem aliciibi in C ; Undeliquetpropofitum. 

CcroU^rj. Ex jam oilenfis hoc quoque eu manifeilum, 34. 
Pro vario fitu punfti H ( in CorolL 3. ) refpeau punfti 
H pundlorum N O alterum ad punftum M accedere 
f^cedente alteroj prout ad has vel illas partes pun- 

B 3 '• dum 
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Rum H abierit ; At veroeorutn neutruiii prius punSto 
M coincidere^ quam punAun] conta&us H ad diftan- 
tiam infinitam migraverit ; Quo in cafu contingens 
OHN in afymptoton degenerat ; Vel ouod idem ett^ 
Afymptotos ad pun&um ab M infinite ai(bns ledlio- 
nem contingit. 

Lemma 2. 

38. /^^^ pififisj qttiC in prMedentihus ^ Jit I F G K 

phm hyperboU^ vel JeSknmm oppofitarum inter/effh 

cum plano hdjis^ vel ( juodperimK efi ) cumphno fuo* 

iihet huic faralleh^ occurrens afymptotis in \y K feiiio' 

i vero in Fy G ; Si per punefum quodms in utrmis 

fStionum ^pofitarum H i^atur reffa O H N^ reffte 

I K paralkMy af/mptotis oecurrens in O^ N, ^fe3i> 

ni denm in R, vel eanJemforte tantum in H contin" 

gens ; ^o IFxFK=KGxGI = OHxHN = 

NRxRO. 

PlanaperlK, &ONba(i parallela, ^cient in fu* 

rirficie ccyiica circulorum circumferentias DFGE, 
H R Qi quas eorundem planorum interfediones cum 
planis ai^mptotos formandbus y viz. D I, E K, P O^ 
QNcontingenc in DEPQ, & ob plana parallela 
eritDI = P0&EK=QJ4; Si contingentes coe- 
ant in L, 1, erit ex elementis L E =L D, 1 Q = 1 P 
dudaque diametro LST, biiecabit hxc parallelas D£, 
FG in S T, & ob DE bife6bmin S, erit etiam ( ob 
fim. triang. ) I K bife^la in T ; unde I F = G K, /. ^. 
IG = FK: EodemmodoeritOH = RN, i.e. OR 
=HN; undeDIq=(obcirculum)IFxIG = IF 
xFK=KGxGI= (prius) POq= (ob circu- 
lum ) OHxOR=OHxHN = NRxRO. Haud 
multo aliter ratiocinabere fi D £, E K fint parailelae. 
Suf^efyii^ Si OH contingat hyperboIam,continget& circulnm 
rsmimjui undc crit PO = OH = Q^P = HN idcoquc Dlq 
= IFxFK=POq=OHq=OHxHN. 

Prop. XV. 


edfit. 
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Prop. XV. Theor. XIV. 

Si bhue yu^ibft reffa interfc fmaSkla^ ^ velutra^ ^^ 
jjue ad^, candem SeRifmemy velutrafite aJ.MiQ^as^ ^'^ 
v^lfingkhe aJfingulaSj utrinque iu fmnSis B C F G 
terfninata \ vel fuarum una vel utrafue Jeffionem vel 
fcffiones (d>pofitas cmtif^t inCGyfi opus produBde 
utrifue ^ympti^to occurraut in ADy £ H : !Dico re^ 
Sai^aomnia ABxBDyEFrFBy CDxCA,GHx 
G E efiefibi invicem ^quaka» 

Si hae re^ parallelse fint interfedlioni plani fedio- 
nis cani plano bafis, propofitio non dificrt ^lemfnate 
praecedemi ; Sinminus, per pundlorum BCGF bina 
quxlibet ex. gr. C^ G agantur ad afymptotos ui^ 
que refbe I C K, L G Q^, qux interiedtionis fedionis 
cum plano bafis ( aut huic parallelo ) parallelae inteU 
ligantur ; Ernnt itaque ( ob reftas parallelas ) trian- 
gula DGK, HGQ^fimilia; utietiam ICA,LG£ 
Undc ^ ■ 

IC:CA::LG:GE& 
CK:CD::GQ:GH du6tifque in (e ordina- 
tim antecedemibus & confequentibqs, erit ICxCK:; 
CAxCD::LGxGa:GExGH-,fcd ICxCK=: 
( pcr lemma prseced. ) LG x G Q; Ergo C A x C D= 
G E x G H. Pari omnino modo ( Adlis per reliqua pun- 
£la B, F re£lisy ipfis A C K, L G Q^ parallelis ) demon- 
ftrabitur ABxBD = CDxDA=EFxFH, &c. . 
CorolL I. Hinc CD = BA, nam ^ ^o 

ABxBD 7 _ fCDxCA ^ 

ABxBC + ABxCpr — lCDxBC + DCxAB, 
demptoque commuhi, erit ABxBC = CDxBC,/>. 
AB=CD. EodemmodoEF=GH. 

CW/.2. Unde ABx AC = ABxBD=EFxFH jp.^o. 
= EFxEG.&c. 

CoroH, 3. Re<^ta A C D {e<Stionem in C contingens, & 41« 
dd afyniptotos in A, D terminata \ contadlu C bifecatur. 
Nam A B ubique = C D ; &; in hoc cafu coincidunt 42. 
j . punila, 


40. 
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pun£b, B C. Similiter (i B C ad fe^liones oppofitas ter- 
minaca per afyroptocon occurfum tianfeac, ioidem bife- 
cabitur. Nam CD ubique =AB, ie. C A = DB ; 
& m hoccafu coincidonc A, D. 

41. CkroU. 4. Unde in cafibus Corollarii 3" EFxFH 
= ACq = CDq&c. Scilicec fi A C D fic contingens. 

42. Sin per alyropcoCQn occurfiim tranfeac, Eric £ F x F H 
= DBa&c. 

CcroU. S' CoroU. 3 "•. valec converfim. Nempe fi re- 
6bi A C D ad afympcoto$ in A D cerminata & iedioni 
occurrensin C ibidem biiecetur, eadem ie£lionem in 
C concinget Nam fi dicacur fedioni denuo occurrere 
in B^ eri« AC = BD = CD, hoc eft, pun£tum B uon 

43* eric i punilo C diverfum. Similicer fi C B ad afympto- 
ton in C bilecetur erit C communis afymptoton occur- 
iiis. Patet fere ut pars prior. 

44« O^roll, 6* Binac redlae fedliones oppofitas contingentes 
inter k parallelae & ad aiymptoton terminatds d c a, 
DCA funt aequales. Nam dcxca = DCxC A & 
dc=ca,DC = CA. 

Cofoff. 7. Conjungens tadus contingentiura paraHe- 
larum per aiymptoton occurfum M traniit. Nam Tri- 
anguIaMDA, Mdaiucic fimilia, & AC = iAD = 
CD=dc = ca; unde fatis Uquec propoficura. 

Lemma 5. 

4;-. , /« XeSfa A D faffa atcmtjuc A B — C D, jumpto- 
4<> . qtte in eadem alio qums punffo E ; SilE. cadat inter 
47- B, ^C, dico 

BExEC=AExED — ACxCD vel 

BExEC+ACxCD = AExED 1x1 ^c 

2. i55r E cadat inter C) (^ D, w/( quoieodem redit \ 
inter A, ^ B, erit 

BExEC=:ACxCD — AExED vel 

BExEC+AExED = ACxCD ^c 

i Si 
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|. ;^ EJEt m AD prodaSfa, erii 

BExEC=AExED + ACxCDw/ 

BExEC— AExEBssACxCD ^. 

Kam in pdno e^ 
AExEDc=:4E)(EC+ AB xeD+ BEx £C+ BE: X CI> 

ACx CD =r AB xCD+ BE x CD + { ^^ J^ 

Unde AE»ED^AGxCDr=:BExEC. 

Stnilieerex paraam coHationfi patet in reliquis cft- 

raus^ 

Schotium. 

Coiacidttubiis piHiflis B D> ia primo cafu coincidic ^ 

E]^pun£]wiiE,&evaMftii:BE)tEC 4»' 

Coincidentibus vero iifdem B, C, tranfit cafu$SecuA- ^^* 
dus in illum f ^Ei^^Tcf laue k d, BU^t cuivis obvium. 

Prop. XVL Thcor. XV- 

In HyperhoU fyJeBionihus oppojuis^ Ji hina qUie^ s^-S^^ 
Uhet rtSa K N, ST> t«s/ utrajue ad eandem lcSio- y^. y j. 
nem^ vetntraju& ai opfofHas^ veljin^yike adjingubs^^^ yj-, 
liel akera ai eantkm^ aftera ad ojmjitas utrinfue tcr- 
minatay ^ fi opus prodt^a^^ mn pmtm occurrant in 
E, ^ utrime ajfmptoto in R, V» ^^ ^punSfis ; ZJ^a 

lnxmnI •■^'^^^ 

a. Idem erif de madhatrs hmufmodi' reSfarmt quo- jg, 5-7. 
iies earum' fmoy yetutrajue^femmem velfeSiHones op- jg. jp. 
pefitas cpntin^t] vel barum unaper ajymptotm occur- 
jUffi ttanfit. 

Pfer utriufvis rcibram NK utrumlibet occurfum yo. jr. 
cunf fc<afiane N^ agatur refta X N Y, redlsc aheri S T j^. &c. 
p«randia,aj^itjntotis occunrensin XY ;.erunrtfiangula 
L N Y, L E RTimilia, uri ctiam M N X, M E V ; ifnde 
XEr.LN::ER:NY 
MB:MN::EV:NX. Duaifque&a 
!l<E.xME:LNxMN::ERxEV:NYxNX ideft 
f * • C (per 
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( per lemtn» prmed. ) pro vario fitu pim^ E^ & pa 
prop. if. cum CmO. 2. 

KExEN+KMxMN> /U^xMNi /^>ET+RTxTV\ /^NYxNX 
KMxMN-KE^^EN ):{ ideft UrTxTV-SExETV ideft 
KExEN-KM«MN/ IkMxMN/ IsExET--RTxT V /\ RTjiTK 

Unde in primo & fecundo cafii div. in terdo coom! 

KExEbf:KMxMN::SEx£T:RTxTV9 uade 
alternando liquec propofitum. 

Pars z^ revera non diffen k ^iore^ eademque de- 
monllratio huic infervit^ fi occuribs K & N ; T & ^ 
in re£la contingente ; Vd R & V, vel M & N in rcSk 
per afymptoton occurfum tranieunte^ ( qui in figurf 
partis primx bini funt ) in unum coire intelligantur}, 
Unde cumin cafu partis i« fit KNxM^frRTx 
TV::KExEN:SExET eritin cafu hujus partB 

«. r8. KMq:RTxTV::KEq:SExET. 
fo. 60. KMq:RTxTV::KEq:TEq. 

KMq:RTxTV::KExEN:SExET, 
& fic in caeteris cafibus, 

Nota. Coeuntibus pun^ K^; S^T &c Lemma pra&- 
cedens in hac demoniiratione adhibitum noa difiert a /, | 
vel tf, e 2, ut fupra eit adnotatum. 

j^ofa. Utrinlque hujus prop. partis non omnes Gafus 
figuris e^cprelfimus ; Ut habeatle&^r quQ (e exexcea^ 
& ne fieurarum numerus in immenfum oefcat 

Ctvm Si aneulus afymptoton fit re£luS| & redanim 
una K N, paraUela fit, vel coincidat re£be alicui A GB 
per afymptoton occurfiim C tranieunti ^ altera vero 
STparallela rediae DB inoccuriu re^ AB unam 
ie£lionum oppofitarum contingenti| Erit KExEN 
=SExET. Nam ob ang. redL & DB=BIy ent 
per 31. EL 3'''. CBq = DBq, & (oer QroU.^ 
prop. i^ ) RTxTV=DBq, & KMxMN= 
C B q ; unde liquet propotitum. Si coeant punda S, T ; 
ie.Si redla SET contingenti B D comcidati erit 
TEq = KExEN&c. 

Prop. XVIt. 
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Prop. XVIL Thcor. XVI. 

* /n Hyperhhfy SeStionibus oppofiiis fi RcSa fua- ii. Ct. 
Jt^wx A B adeandemy veJ ad otpojitas fe&tones utrtnfue (jg. ^ 
' tetfmnata^ ^ Ji opus proauSa ; Fel bina juaiibet 
Jfeff^ ABj CU inter Je paraffeie, it ve/utrafue adf^^^ 

^ eandem feStionemy veJutrajue ad oppojitas^vej fingula rmmt4um. 



JU^fdem reSfiCj veJ binarum interfe poTaUeJarum^ pro- 
* ^portionaSa teSfanguJis ex Jegmentis binarum reiifua^ 
rum , modo Jumantur reaanguJa a binis cvmmunibus 
punffiisfaffa. Viz. 

^ AExEB:GExEF::ATxTB:lTxTH& 
' AExEB:GExEF::CVxVD:HVxVl 

^&ficdemterispunffis* 

lai; ^. Idm intfJJ^e dc fuadratis contit^entiumquoties gf. 

reffarmm pr^fitarum una veJ pJures Jeffionem vej^^fs^ 
^ifeffiones contmgunf tantum JciScet ril7«j£^. 

^ DVq:VIxVH::DSq!SGq «^ 

GEq:AExEB::ITxTH:ATxTB ^ fc 
ft^ de cateris punffisj 

■^' Re£be omties ( fi opus produfbe } occurrant afym- 
» ^ ptotis in O, P, Q, t &c. ut in figuris, Erit ex pfarcc- 3« 
^ dcnti 
»8 AExEB:GExEF::AOxOB: GKxKF 

Jl & ATxTB:ITxTH::AOxOb{^^||^p]> 

IN- Undc AEx^B:GExEF::ATxTB:ITxTH. 
S,I Parimodo ob AOxOB=CQ,xQP & GK:fKF 
)^ =HMxMI probabitur 

AExEB:GExEF::CVxVD:HVxVI. 
^ C a Nec 


[^o3 

Nec aliter rationabere de cxteris pundlis, & in onuu 
bus caGbus, < 

2. Cum hxc propofitio pendeat fblummodo el 
priore, eadein erit ratio (}uadxatoriim cx re£bs contin- 
gentibus utindemanife(uuD. . ^. 

66 61 ^^* ^^'^ ^ ^^^ <litaevis A B otriyis aiynipCMo 
^' parallela^ ideoque uni tantum ie^aum oppofitanuii 
oocurrens in A. Binis F G| I H inter ie pjtralleUs^ & 
utriique ad feaionem vel utri%ie ad ie^ones qppo- 
fitas, vel £ngalis ad fiogulas in F| G, I^ H, termioati^ 
( fi opus prodnSis ) occurrat io £, T ; £rit F £x 
E G : 1 T X TH : : AE : AT pariterqiie m contii^entiuiiL 

NamroflaABin^avisaliaipfiuspofitiooc, abdean-l 
dem vel ad ieijlionem oppofitam etiam in b tenrnna- 
Intur^ eritque Aexeb: Atxtb::GexeFiHtxtI 
jam in nofliro calu pundlo b in ii^finitum abeuni^ co- 
uicidentibus t, e ipfis T, E, Infimtorum T £^ £.B dif* 
' ferentia finita T E ipfarum refpedlu erit nuUa, bpc eft 

TB = EB^ unde AExEB: ATxTB;: AE: AT:: 
GExEF;HTxTlveiriq&c. 
yijbffursm Aliter. Sit afymptoton occurfus B & conrieftatur 
jItmTii. B A, Per punfta T E ipfi B A parallcte agamor D T % 
KEN, quae occurrenf neofei&rio ntriqdt afym^ 
in D^ S ; K, N adeoc^ue ( per CoroU.x. {H^oip. 14.^ utri- 
que feflionum oppoficarimi m O, P ; L^ M ; fim veix^ 
K, D pun£bi io afymptoto ipii A E T panllelai . 

Erit (ob* paraHelas roShs) AB=DT;:=KE & 
BKr=AE,BD = AT. 

Porro ex hac prbp. 17«. ^ ex lemmate i « erit in cafa 
figuras in Tab. i j . 

/OTxTP \ /LExEM 5 

HTxTL-GEidEFJ^ DTxTS+OSxSF W KExEN+LNxNM > 

lABxTS+ABq /lABxEN+AlSq 3 

fTS+ABl rEN+AB? /, r^ - sfDBi cKB 
•'^{ DS rl NK ^^(^«^^'^^"^^TaH^^ 

Nec aliter in calucwita^Sus. ' 
Eodem modo per Lemma j. ( pro varioifiitu pijndo- 
rum T, E; mutatis mutandis patd>ft in omnibus cafibus. 

Prop. 
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Prop. XVIII. Thcor.XVIL 

« 

^^ in fJ/perhia^ ^ JeStionibus oppofuis fuperim (J8, tfp. 
propofitime ofiendimusy propojitum fit nobts in EUipJi 70. 
6* "Parubola ojlemiere. Scilicet{po/itis utprius) smfpit vu.- 

GOxGR:LExEM::HGxGF:HExEF H^^sfiu. 

COxGR:HGxGF::LXxXM:ZXxXY 
^Jic de hnis quibufyis punSis. ni m 

f^^lji reStarumaliquaJint conti%entesy M 7 • 

L E q:LXq: : E Hx EF : X Z x X Y SuffUr^. 

LXqXYq:: &c.VOxVR:VYq ^'--M 

In Ellipfi, vel Parabola in Conica fuperficie fada, ^^. 
fint TtGtx, essdem qux in figuris 68^ 6p. &c. negleda ; 
tantum in prxftns rcila ZY. 

Per redaf um R O, L M altcrutram R O, & coni ver- w*>i. p*. 
ticem I tranleat planum R 1 0, fecans fuperficies coni- 5^* 'V 
cas in re&is IR, 10; Secundum quas plana IRKy/v^^V*' 
I O N fuperficies contingant, fe mutuo fccantia in I T, "^^*'- 
& planum fe£tionis in R K, O R 

Per L M tranfeat planum, plano R 1 parallelum, . 
£iciens fefliones oppofitas L D M A S, fecanique plana 
tangentia in rciSlis T K, T N, quae erunt propterea 
afyroptoti. 

Per H F & coni verticem I tranfeat planum^ fecans 
fQperficies conicas in re6tis H I A, I D F, planum R I O 
in I Gj planum fe£tionum in A B C D E , planaque 
afymptotos formantia in I B, I C. 

Recla A D efl ad alteram five utramque iedtionum 
oppofitarum in A D terminata occurritque afymptotis 
in B, C. 

Pex punflum D> in plano fe6lionum oppofitarum 
agatur ufque ad afyroptotos re^a P D Q parallela 
KLEMN. 

Ob plana parallela , & reflas parallelas P D Q^, 
K L E M N, fimilix erunt triangula R G I, & P D B ; 
GIO,&DCQ:^ PariterHIG&HAE: FDE,& 
FlG,Undc 

C3 IG 


IG:DE::GF:FE& 
I G : A E : tHG: H E Duaifqoe &c. 
IGq:AExDE::HGxGF:HExFE. fiurfum 
I G : G O : : C D : D Q. 
rG:GR:: B D: DP Du6lifque &c. 

IG,:GOxGR::CD«BD:^»CLkDP,|. 

: : ( per prop. 15-.) AExED:LExEM& altern. 

IGq:AExED::GOxGR:LExEM::(prius) 
HGxGF:HExFE. ■ , 

^g ^ 2. EritRGxGO:HGxGF::LXxXM:ZXxXY 
*?o'ni* N**"^ P^^ priorcm partetn 
^^;' ' RGxGO:HGxGF::LExEM:HExEF 
Si*ppu f«/i. & pari rationc 

,««,c4/«/. LExEM:HExEF: :LXxXM:ZXxYX 
unde 

RGxGO:HGxGF::LXxXM:ZXxYX 
Pariter de pun£h*s E, V. Nec aliter in redtis con- 
tingentibus. 
^^ C0O/I. In Parabola^ fi re^aquaevis FH ex ii&qu» 

'^* • ( juxta prop.12.) in unico punito F feiSlioni occurrunt, 
binis RO, L M inter ie parallelis, & utrinque ad ie« 
^ioneni in R^ O^ L^ M terminatis, occurrac in G, E ; 
Erit 

FG:FE::GOxOR:LExEM. 
vid* fi. in Nam (fadiis ut priiis) cufli redla F H refpondeat 
Tab. 13.^ redbe I K in fig. prop. ii. pro Parabola, re^ I A quae 
i.^ 26. /"». gj. ^ pianQ pgj. xt8t3im F H & verticcm I refpondebit 

redac A D in eadem figura, hoc eft, erit F H parallela 
IAundeIG = AE. 
Eftque ob fim. triang. 

FG:FE::IG:DE::IGq:IGxDE = AExDE 
oftendetur ver6 ut fupra 

IGq,: AE x DE:: GO xG R :LExEMunde 
FG:FE::GOxOR:LExEM. Pariterquc in 
cafu contadlus. 

Patet etiam ut cor«Il. prxced. ob F H in boc cafu in- 
finicam. 

SchQl. 
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ScboRnm. Theorema hoc coiii pnoedenti &eon]ni 
orollariii licoiflet finol una propofitionc compIcAii 
ademque opera^ ( (ed via divena ) & cono demon* 
farafle : Cum tamen in hyperboh & icAionibus opp. 
bxc proprietas etiam in (dano fe prodere^ quo Tyro* 
aibus aliquatenus confultum tS&t^ lihttit feorfim de* 
Bionfttare. 
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SE CTIO IX 

Prop.XIX. Theor.XVIlL 

^S' ^^' T N omni Sefftone cmicay ^ SeStionibus oppojitis^fi 

77- 78. J. hina reffie B I, C I contif^entes JeSHonem^ vel fe* 

Himes oppojitas in extremis reSfacujuJvis B C, feSHo- 

Ee^douvf.niy vef Jeff. 

pep,ftq, interje paralleU) ^ ex utravis parte taStus cmjmt- 

fiqncntem. gcntis^C Jmatur reffa EF, ipJi^Cjarallelay qua^ 

Ji oMs froJtiffa occurrat feSionty vel feffioni oppofit^^ 

vefutri^tie feStionum oppojitarum in binis punais £ F, 

i^reShscmtingentibustnpjG\ Dico DE=FG. 

^p. Fa£b in fuperficie conica fedlione, vel iedionibus 

VlrA^& oppofitis, pofitifque ut in figuris. Per coni verticem' A 

mfft. ducantur A B, AC ; Plana per redlas A B, B I & A C, 

^f^J^ CI £iiimyfici«i»€Ofi«Higen€. 

f^fes..ff. pg^ £, E p Q ^2i^kzx planura plano A B C parallc 

luro, fiiciens fe£lionem vel ledliones E K F, & iecans 
plana tangentia in D H, H G ; Erit E K F hyperbola, 
vel feftiones oppofitx, eruntque H D, H G a(ymptoii 
ac proindc D E = F G. 

C(?roi7. I. DF = GE. 

CoroU* 2. Si ( coeuntibus pundtis E, F, ) reda DG 
fe£lionen] contingat, ^ ta£tu Difecabitur. Si vero pun- 
6b E F fint ad iedtiones oppofitas, re£ta D G in con- 
tingentem abire non potefi, ut ex fiipra di^lis mani- 
feftum. 

Prop. XX. Theor. XIX. 

75'. 76. Ttfdem pofitisy Siper contingentium occtirfum I, fy 
'77. 78. medium punSlum M ta&us conjungentis B C, Jucatttr 

refia 


ye&A IM, vel fi cmti^entesjint parallcUyper M Ju- Si^fUfii$. 
€atur IM ipfis cmthig€t$tilms paralkk^ H^ec re&as ^Z^I^pL 
9tmses E F {^B QparaUelaSy ^ adfeBtimem^ vel fe* ^Mtrmm. 
Humes oppqfitas uttmqste termirMas kifariam jecabit. 

Nam obfiiniiiatriaiig.IBC,IDG&BM = MC| 
eric etiam DLi^LG, efiqtie ( per prasced. ) DEs 
F G, & DF =6 E, luide additis vel demptis ssquali* / 
busentLE=^LF. 

Si continfientes fint paiaUelac^ ecit B M =s D L ==: 
M C = L G &C. ut prkis. 

3kf. Re£be I M hoc modo genitse, atque infinite 
ext6n& JHamtri appdlantQr. 

Ip&varoMCy velM^ atqcie oraneshispanillelae 
L G^ vel L £y incra ieftionem, vel inter ieiSipnes op* 
poficas, dicimtur Ordirtat^e ad diametrum I M. 

OnU. I» Ob ordimicas fic MxidOm in Hyperbolai & 
Pan^b^ ( qoaram cuKvsef poft BC infinite ieutrin» 
que extendum ) diameter w unico tantum punfto H 
fe3ioat oceurrit ; In hyperboh tamen oocurret, eadem 
de cacr(a| feftioni oppofitxi inK. EUipfi oocurret in 
binis punftis H,K. Inter ie6tiones oppofitas neutri 
e^nrum omnino occurrit. 

S^ In Hyperbola, vel Se£L opp. & EUipfi, Dia^ ^^^ ^is^ 
tnetri iufinite extenfie pars H K i^ameter tranjverfa 
dicitur* 

£t in omnibus ieAiombus punfium H> vel K /^^ 
tex dicitur ; Et in o^. Se^l. & EUipfi dicitur vertex 
K vertici H 0/»^g^Anj) velviciffim. 

In oppofids (e^aibus Diametri HK u^rique ie» ^8. 
Aioni oocurrentes vocantnr Diametri 7)eterminata \ 
Diametri vero intet ieftiones InJetermittat^. Utriui^ 
que nominis ratio in aperto eil. 

In omnibus (edionibus partes H M. H L^ vel K M^ ^ j^. rj6^ 
K L vocaatur Z)iametri intercepta vei abfciffiC, ^'^, 

CmlL 2. InHyperbola & ElJipfi, cmii (it B M x M d 
=:MCq, FLxLF = LFqerit ( per prop. 17. & 
18.) KMxMH:KLxLH;:MCq:LFq. Et fic 
ubique. 
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my Cmll j. In Parabola^ cam Diatnetri in uaico taii^ 

j»/ . *rj». ^^™ punfto H fe£Uoni occurraati liquet (pcr prop«i2.) 

il^raF^l easnon diverfas efie k redisIK iadlis ^planopef 

r«^4. conu^lum A D, planumaue ledlionis in I K fecante; 

adeoque (obplanum ADE plano (edtionis paraHe- 

lum,) efle omnes inter fe pandlelas; Et: porco idem 

praettare, quod eaedem re£be IK in CoroUario [Nrop.i8, 

11* CsrolL ^ Et propter ordinatas bifeSas, ( per coroQ. 

prop. ]8. ) Erit in Parabola 

HM:HL::MCq:LFq; Ecficubique. 
76* OrolL f . Per CoroU. 2. l^uet ordinacas ad quamli- 
bet diametrum in EUipfi, quo magis ab utroque vertia 
diflaaty eo majores efle, donec ad medium diametri 
pundum veniatur^ eritque oxdiaata per hoc pun(3um 
maxima. Ec quae binx xqualiter.ab utroque vertice di^ 
f lanc func aequales ; Ec converfim. hz enim fe res iia- 
bet in re£bngulis ex fc^meatis diameuii quibus ordi* 
natarum conterminarum quadrata proportionalia fiint 
1S^77» CorolL6. Similiter in Hyperboiaa Parabola^ quo 
longius ordinatas ab diametri vercice diflant, eo funt 
majores. £t in oppoGtis fe^lionibuSy quae biox aequa* 
liter ab utroque ejus vertice diflantj func aequales ; £c 
converfim. 
IS'77* CorolL^. InHyperbola & Parabolai quarum oirvae 
infinite fe extendunr^ fiunt tandem ordmatae data qua« 
vis re£ta majores. Detur AK^ fifiat in Hyperbok 
MCq:KMxMHc-AKq:LHxKL crit(pro. 
pter CoroU. 2. ) L F cr A K. Eodem modd ( mutatis 
mutandis) liquet in ParaKper Qrpll.^. Undeporro reda 
diametro cuivis parallela/fe^ioni, vei utrique fe^Uo* 
num oppofiuriim neceflario oocujrret 
IS' l6* CoroU. 8. In omni fe^ionci Quae HN, vel KP pcr 
y^^ verticem H, vel K ducitur ordinacis ^rallelai Seoio- 
nem contingec ; £c converfim. Nam ii aliqoa ejus pars 
fic intra fedhonem) k diametro bifecabituri qux tamen 
huic non occqrrit nifi in ip(a fe^Uone. 2. Si contin^t 
erit parallela Nam binae reibe diYer& in eodem pun^Q 
non contingunt. 

CmU. 
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^ Ccroflo. IiiEUipG& Seflionibtis dppofitis^ Re^la 80.81. 
flK coQJungcns tadds comingenciuin prallelaruQ] 
tSt diameter, refbrum B Q E F htfce contingentibus 
paiaUelarum. Nam fi quxvisalia V R dicatur earum 
itameter, redbe in ejufilem extremis V, R, re6tis B C^ 
^£ paralleb, ( per praoced. Cbrol/.) ledionem con» 
ingent, undeautpluresduabusreflisparallelis kStio^ . 
nen}^ vel feSi opp. contingent^ contra CbraU. f . prop. 
1 1 ^ aut non erit V R ab H K diverfa. 

Oroff. lo.^^Inomniie^liotte conica, &infe£l. opp. 80. Sr. 
& interieft. opp. Quse binas redasimer le paral- 81.83. 
klas, vel utrafque ad eandcm fe&ionem^ veiutraique 
ad oppofitas, vel fingulas ad fingulas utrinque ter^ 
minatas^ bifecat, eritharumi atque omniumhis paral* 
klarum diameter. Nam propria diameter has biiecar. 
& binae redae k fe invicem diverfie has biiecare noa 
pofTunt. 

Cbro//. II. Et inomnibus fe£lionibus, & in fe£l. 80. 8r. 
opp. fi re£la HO in quovis pundb Hfeflionem, vel 82. 
utramvis ieflionum oppofitarum contingat, atque huic 
parallela quxvis BC fcdlidni, vel utrivis feaionum 
oppofitarum in pun6lis B, C occurrat^ Re£la H M^ quae: 
uaum Hy & medium pun^um M rekx B C conjungit, 
erit hujus, atque huic parallelarum diameter. Patet ut 
Carol/. p. 

Coroff.iz. In Parabola, fi in pundo quolibet H con* g^. 
tingat H O, fitque huic paralleta quaelibet B C utrin- 

3ue ad fe£lionem terminata 1 Quae H M per tadlum H 
ucitur diametro cuivis S T parallela, erit reStx B C, 
^tque huic paraUelarum diameter. Nam harum dia- 
meter ( per Cbro//. praeced. ) per H tranfit , & ( per 
Orol/. 3. ) eft parallela S T^ ideoque non efl ab H M 
diverla. 

Cjro//.ii. Parabolx diameter pneter ordinatas fiias 
nuUam reiiam utrinque ad fex^lionem terminatam bife- 
cat. Nam propria diameter hanc biiecat| Et k dua* 
bns reflis parallelis k fe invicem diverlis bifecari ne- 
quit 
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CoroU, li.. Ideoque in Parabola, du£lxre£be ad fc« 
£lionem utrinque terminatae ie mutuo non biiecant. 

82. CorolL if. Comingens parabblam omnibus diametris 

produ6lis occurrit Ec quadibet reSa utrinque ad jpa- 
rabolam terminata & fl opus produ£b^ omnibns aia- 
metris li opus produftis occumc. Nam qux uni paxal* 
lelarum occurnt, occurrit omnibus. 

82. CoroU* 16. Si in Parabola re^ quxvis H M^ diame- 

tro cuivis S T parallela, refbun quamyis. B C utrinque 
ad fedionem terminatam biiecet, Erit hujus atque huic 
parallelarum diameter. Nam omnes diametri luiit pa^ 
rallels (per C(^ott.i. ) Et( perij. ) prseter ordinactt 
iuas nulbm omnino reftam ad feftionem utrinque ter- 
minatam bifecant. 

^y* *7^f CoroU. 17. In omnibus feflionibus^ & le&ionibDS 

^7. oppofitis, & inter feftiones oppoficas, cx diametrorum 
genefi liauet Contingentes in extremis red^e cujufvis 
B C ad diametrum quamhbet H K ordinatz fuper ea« 
dem diametro coire in aliquo pun£lo I^ aut efle eidem 
parallelas. 

Prop. XXI. Theor. XX. 

84. 8;-. In EMiffij fyfeaiombus cppofitis^ Sfkt DHEper 

medium ptmSium lAdtametrt alicti/us A B {quain epp. 

Jeff. Jit Jetermmata ) uteunfue Mciiur. SeSfioni vel 

jeSfimibus oppofitis in pmtBis E, D ocemrens^ a pun- 

&o H Ufariam dtviditur. 

Si D H£ fit ad diamecrum A B ordinata, jam liquet 

propofitum. Sin minus ; h pun£lis E, D intelligantur 

ordinatae ad diametrum A B^ reds E G, D F, Quae pa* 

rallelae cum fint^erunt trianguk H E G, H D F fimibav 

Per Cmtt. 2. praeccd. crit 

BFxFA:GBxGA::DFq:GEq::(proptcrfim.tri. 

ang.) F H q :G Hq unde alternando, & componeado in 
ElTipfi, dividendo in oppofitis fb^ionibus^ 

BF 


BFxFA+FHq^ rBGxGA+GHq^ 

FJHq — BF X FA >- : FHq :: < GHq — AG X 6B S- :GHq 
/.r.HAq J C /.f.HAq i 

Unde F H = H G & ob fiin.triaiig. iode D H = H E. 

I 

Propi XXII- Thcor. XXI. 

Inffyperhh^ veloppofitis [eSiiombm mnes diame^ S6. 87^ 
fri coeuni in occurju ajytnpsoton H, fuarum ^/etami^ 
mata ihidem mutuo Je bijecant. El in EBipfiotnnes 
i£ametri coeunty ^Je mutuo bifecant in communi fuo- 
iJam intra JeRifmem punBo H. 

Cutn diametri determinatae ia hyperbola vel opp. ^6. 
fe£L jungant tadtus contingentium parallelanun^ tran(^ ^ 
i^unt omnes ( per CorolL 7. if . ) per pun£lum H , 
& (iper CoiroU. 3. ejufclem prop. ly. ) ibidem bifecan* 
tur. Indeterminatx vero biiecant omnes ordinatas 
fiias inter fedtiones, quarum una neceilario per H tran* 
fit, & ibidem bifecatur ; Omnes itaque diametri inde* 
terminatae pariter per H tranfeunt. 

In EUipfi, fi per duarum quarumlibet diametrorum %j^ 
A B, ED media pun£la Q H ducatur F C H G^ feaio- 
ni utrinque occurrens^ hxc ( per praeced. ) tam in C| 
quam in H bifecabitur ; Coeunt itaque pundta C, H ; 
unde liouet propofitum. 

Punctum H Cennrum dicitur. 85. 87. 

CaroBaria adhanc ^tracedcntes oBfUOt propojitiones. 

Coroli. I. Omnis recla E H per pun£tum quod vis E 88 8p« 
in curva EUipieos, vel utriufvis fedionumoppoiita* 
rum, &centrum H dudUy eft diameter redarum con« 
tingenti in pun6lo E paraUeiarum. 

Coroll. 2. Et omnis redta H M, per centrum H, & 88. 8p 
medium pun£tum M redtae cujufvis B C ad Eilipfim, 
vel ad hyperbolam^ vel fedtiones oppofitas terminataei 
duda^ efl hujus, atque huic paraUelarum Diameter. 

Nam bifecabit ad centrum ( per prop. praeoed. ) re- 
6bm re£tac B C paraUelam ; unde (per Coroll. 10. prop. 
20») erit harum diameter. ^ 
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Ccrott. 3. In EnipG| & Hyperbola^ & later kSkiom 
cppofitas, Diafflcter prxter ordinatas fbas nullam re- 
dam ad fedioneoi^ vel fedlionefr oppofitas terminacam 
( nifi in centro ) bilecat. Nara omnis hujufinodi reSti 
i propria diametro bilecatur, & ^ binis re&s ^ ie in- 
vicem diverfis ( nifi in communi earum occurfii ) bi- 
fecari nequic. 

Cmtt. 4. Atque hinc biAae reSae ad Ellipfin , Hy- 
perbolam^ vel Seftiones oppofitas, terminatx ( nifi ia 
Centro ) fe mutuo non bifecant 

Oroll. s* In oppofitis Se£lionibus, & in Ellipfi| par- 
tes oppofits ^ quavis diametro A B abicif&, f iiprapo- 
S6 87. fitae congruunt. Nam duda alia quavis diamerro 
E H D) fiiprapofitis figuris, congruent ( ob sequales re- 
£tas & angulum communem ) pun6b H, A^ D, pnn- 
^is H, B, E refpe£tive ; & fic decaeteris pun£tis. 
^6. Corott. 6. Unde ip& fe^ones oppofitae fupra pofitae 
congrucnt. 

Prop. XXIII, Theor. XXII. 

i)o. pi. /nfeSifmihuj oppojiiis^ ^ in EJRpJiy Sper centram 
C agatUT reSfa E D Jiametri alicujus A B (j^ i» ^ 
Seff. Jii Jeterminata ) ordinatis G I paraJkU^ Bijixih 
ht hac reStas onmes FG diametro h^ paralkmsy ^f 
adJeStionemy velJeStitmes oppojitas^ utrinjue m F, € 
terminatas. Etconverjim. 

A pun6tis F, G intelligantur ad diametrutn A B or- 
dinatae F H, G I ; Ob re£bs parallelas erit F H = G I, 
undc ( per converf Conott^ s- & ^- prop. 20. ) A H= 
BI, &(obAC=CB)HC=CI= (obi^s pa- 

raII.)GM = MF. 

2. Si F G bifecetur k re6U E D in M, erit paralkla 
AB. Nam fa^ ut fupra, Erit ( ob parallelifmum) F M : 
HC::MG:CI/.i?.(obFM=:(exhyp.)MG)HC 
=C I, unde & A H = B I, & (per Coroli y . & 6. prop. 
20. ) F H=GI : Ergo cum fitHF 11 GI erit FG 

II AB. 
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Cmll. !• Hiflc redla 1? G eft ad diamctrun] E D or- po. pi* 
iiiiata. 
Diameter E D infinite extenla dicitnr diametro A B 

la EiUipfi eadem utrinque in E D ad Se£lionem pi. 
ttiDinata^ Vel in oppofitis iedionibus^ ^biciflis utrin- 90. 
fie C D, C £, ut fint eaedero contingentis in utro vis 
Tenice B ad afymptotos utrinquc terminatas partibus 
&K| B L. aequales ( proindeaue xquaks inter le. ) Di« 
citur D E Sccunda diameter aiametro A B cmjugata. 

CaroIL o. Conjugatarum diametrorunk ordinatae fiint 
diaoietris fiiis reciproce parallelae ; £t conjugatx dia- 
metri fiint ad ie mutuo ordinatx. 

CBroil. 3. Ordinatarum ad diametrum quamvis ED po. 
iater {e£liones oppofitas ( /. e. indeterminatam ) minima 
& qoae. per centxum tranfit,& a centro remotiores fiint 
}»ropioribus majores, fiuntque tandem data quavis re« 
&i ST majores. Nam quo major elt C M U. I G, eo ma*^' 
jor B I, & proinde eo major C I =: M G. Sumptaque 
CIirST duaaque IG parallelaED, &GMparal- 
lclalQ critordinataGM=CI,/.r.crST. 

Coroll 4. In oppofitis ie^lionibus , conjugatarum po. 
diametroruro una efl; deterroinata, altera indeterminata. 
Nam ordinata ad diametrum detenpinatam occurrit 
ntrique aiymptoto in P, Q^ ad eaidem psurtes cum t> 
ftione^ unde huic parallela extra angulum afymptoton 
cadet. £t viceveria. 

Cnvff. $. Cum oranis re£bi per quodvis pundlum 90. 
in Qtravis iedlionum opi^ofiurum ( modo alymptoto 
qpn parallela, nec iedioni eppofitae occurrens ) eidem 
(eftioni denuo occurrat^, fitque ad diametrum aiiquam 
determinatam ordinata, habeatque re£lam aliquam per 
centrum extra angukim aiymptoton cadentem fibi pa* 
rallelam^ Atque omnis re&a intra angulum aiympto- 
ton cadlens fit diameter determinata ; Liquet omnes 
ie£bs per centrum du£las eile diametros ; Exceptis tan- 
tummodo Aiymptotis^ quae quafi limites fiint^ qui de« 
terminataa diametros ab indetcrminatis diilerminant^ 

& 



C 3» 1 

& in quas diametri ( uc de contingemibus jam di 
didtumeft) ultimo degenerant. Namabeuntepu 
B in infiniuim, Contingens KBL^ (accedente pu 
L ad C^ ) cvimque hac huic parallela £ D, at^ue 
conjungens C B| afymptoto C K omnes coincideiit^ 
advertenti fecilc patcbit 

In Eilipfi omnes omnino recbe per centrum ( per 
CorolL I. prop. aa. ) erunt diametri. 

Cotoll 6. In Hyperbola , yel oppofitis fedionibo^ 
& Ellipfi, Contingens in vertice cquflibet diametri oc^ 
currit omnibus diametris fi opas produAis , excepa 
duntaxathuic conjugata. Idem de ordinatis ad quaiD' 
Ubet diametrum ( fi opus produftis ) intellige. 
po: p I . Coroll. 7. In Hjrpcrbola, & Ellipfi, C B cj : C D q : : 
AlxIB:IGq. Nam in hyperbola, CDqrsBLq, 
& OIxIG = IGq, undepatct pcrprop. i<J. InEl- 
lipfi CBq=ACxCB, und^ patet per CirolL^. prop.!. 

CorolL 8. Si angulus alj^mptoton fit redlus, erit 
omnis tranfveria diameter iecnndxdiametrohuiccon- 
fugatae acqualis^ &c< Nam in koc cafii eric ifbique 
CB=BL = CD. IdcmerkiriEUipfi, fiE%fisfit 
Cireulus. 

Piqp; XXIV- Theor. XXIIL 

j>2. pj. In HyperboU ^ EMipJi^fit qualihct Jiameter D F, 
( quatatnen in hyperhtafit determinata ) eujus ver- 
texDy vertex oppojitus F, fecunda diameter huic cm- 
• jugataGB^ ^ ad DF qualibet ordinataYi^ ; Fiat 
ipfisFD:GB: tertia proportionaSs hRj in jua («A 
rra Rproduffa infJyperhota') fumatur punStum M, ut 
7?/FD:DK::LR:MRdicoNKq=FKxMR = 
DltxLM. 

Ob F D : D K t : L R : M R crlt componendo in Hy- 
perb. dividendo in Ellipfi | 

UncleFKxMR=DKxLM. Riirfpm ob FD: 
GB;LRv^crit 

DF 


^ 


Isil 

D:LR::FPq:G6q:: ( horam fubquadnipla ) 

Dq:CBq:: (per Ord//. 7. pfaced. ) DKxFK: 

Kii',r(exhyp.)i>K:MR::DKKFK:MRxFK, 

i»MKa=MRKFK=^DKxLM. 

Xefta L K 4icicar JUf^s reStum five V^ameter. 

Redangulum ex< diiineafo quavis & ilia parametro 
FDxL R yocaiur /&«rra iftius diatnetrl 

OkM. I. In fayperbola, fi angulos afytnpcoton fic 
feftis, alt omnis. diamecer (ux parametro xqualis &a 
pietex Corc^» 8. prasced. 

Ibjufiiiodi yero hyperboia ob tranfverram diame- 
(nm ( quod 6c iatus tratirv^rrom quandoque dicitur ) 

EnuDetro five lateri re^o aequalem, dicitur Hyper- 
hi{y£quikter(L 

CoroU. X. SiEUipfisfitCirculus, erunt omnes para- 
■nridiaoKtris fins & fibi tpfis aequales. 

Qnvll. 3. £t in qualibet Eilipfi^ biiise quaelibet dia- 
nctd conjug^ae fiint duae mddiae proportionales inter 
ottuai pacametros. 
QfolL 4. GBq=figunediametri FD&CBq=| 

Qroff.f. DF:LR::DKxFK:NKq. Patetfijpra. p^ «, 
Oirol/. 6. Quadratum ordinatae NK in HyperboU ^i 
cxcedit rei^ngulum ex parametro L R & diafdetro in- 
tercepta minori DKj /.^. LRxDK, reftangulo DK 
^MRquod fimileeft figurx diametri F D x L R. Nam 
MKq = DKxLM = LRxDK4-DKKMR. Ec 
FD:DK::LR:MR,/.^.FDxLRfimileDKxMR. 

fiefiangQlum vero ex intercepta diametro majori pi. 
^^k TcSsL L M /. ^. F K X L M, quod etiam fimile eft 
^guns diametri) exoedit quadratum ex N K, rej5hingulo 
«paiametro LR &: eadem FKviz.LRxFK. Nam 
(prius) FK:DK::LM:MR,unde FKxLM fi- 
«^dcDK xMR, quod ( prius ) fimilc FDxLR. 
Efiquc NKq = FKxMR = LMxFK — LRx 

Coro/l.q^ InEliipfi vero, Qiiadratum ex NK deficit 03 
* rcftangulo L R x D K, leaangulo D K x M R, qood ^ 

E limilc 
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iifnile eft Bgatx diametri. Et ^ j^£bingulo L R x F K, 
rc£tangulo F K x L M^ quod eidem figurx etiam fimile 
cll. Nam NKq = DKxLM = MRxDK~RL 
xDK; Et NKq = FKxMR=FKxLR — FKx 
L M. Eftque ( ut prius in Hyperbola ) F D x L R fi« 
mileDKxMR, IimUeFKxLM. 

ScAol* £x hoc exoeflu & defe6tu quadratorum ex 
reais ordinatis in HYPERBOLA &ELLIPSI, Ma* 
gnus ille h veteribus geometra APOLLONIUS Per- 
gicus ( in hyperbola^, habita tantum ratione reftanguli 
ex parametro & diametro ihtercepta minori ) hsc no- 
tniiia fedtionibus impofuit, quibus uia eft omnis pofie* 
ritas. 

Prop. XXV. Theor. XXIV. 

94. InTarahla^ Jit qualibet diatneter DC, (^ ad ham 
qUiehiet crdinata BC ;Ji intercepta? diametro D C (^ 
cmtermina ordinata C B, fiat tertiaproportimaks L R; 
7)ico quadratum ordinata cujujvis ad eandem diame- 
trum KN aquale ejfe reBangfjih ex eadem reBta LR 
^ intercepta diametroDYi.y t;/JS.NKq = LRxDK. 
ObDC:CB:LRTreritCBq=DCxLREt(pcr 
Coroll. 4^ prop. 20. ) 

j3^^2j^}>:NKq::DC:DK::DCxLR:DKxLR. 

UndeNKq = DKxLR;&ficubique. 
. Re^ L R ( (icut in Hyperbola & ElJipfi ) dicitur 
Latus reSfum leu Tarameter, 

Schol Ex eo quod re^tangulum sequale quadrato or- 
dinatae, habenique pro ahitudine diametrum ejus ab- 
iciflam ^ Comparatum five appUcatum redangulo ex 
eadem abiciQa & parametro , eidem congruat ; Haec 
fe«ilio /ipollmio PARABOLA diaaclt. 

Prop. XXVI. Theor. XXV. 

9S* ptf. In Tarahola^Ji bina fuaVthet diametri CD,GE 
( fuarum vertices Q^Q) Ji opusproduSta eidem reSa 

IH 
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IH 9trinfue ad Seiiimem in I^H terminata^ ^fi 
\mproiiuStay occurrant inhinis tunHisX^yY,^ velbi- 
m^bufvis reBis inter feparaueiis I H, O P, adfe- 
wkm ut prius terminatis occmrant in Dy Q, E, R ; 
ih reSfangula ex fegmentis ejufdemreda^ velreffa^ 
nu faraUelarumj ab accur/ibus diametrorum faStiSy 
^MtUonalia ejfe partibus diametrorum inter bujujmodi 
mm vel reStas parallelas ^ vertices C, G jacenti* 
^^faUcetJireSaJit unica. 

lDxDH:HExEI::CD:GE. ^«A/«^yfe/r<rfivif 
\litI>^iOKxK?:\CD\GK\^ficdecaterispun' 
ftr. 

lietn erit de quadratis contingentium^ Ji coeunti- 9^^ 
hsex. ffr.punflis H, I reRa unica^ vel binarum reSta* 
m altera Jiat contingens^ viz. HDq:I£q::CD: 
6E & 

HDq:ORxRP::CD:OR i^ fic de deteris pun^ 

His. 

Brfcdlis I H, O P in S, T, Connexa S T occurrat le- 
&ioiij in A, erit haec reflarum I H, O P diameter ; du» 
&qDe L A K his parallela occurrente diametris in L, 
X, eadem ie&ionem in« A continget ; ^ pun£lis G, G 
iitdl^ntur ordinatae ad diametrum A S T rcStx C M, 
GN, qu3B erunt propterea redlis L A K, I H, P pa^^ 
alU«; EritperCoroU. prop. i8. 

1 IftcDH: {cMq} •' ^^ • ^L ^ P^^ ^^^^4- P^^P- ^^- 

» CMq:NGq:: <[^^ }>:{^^ }> & per coroH. prop. i8. 

\ jQ^]>:HExEI::GK:GEprgoexquo. 

♦ IDxDH:HExEI::CD:GE. Rurfum per Co- 
rollprop. i8. 

tHExEI:ORxRP::GE: GR. Ergo per propor- 

» 

Oone$ 4 & 5" ex «quo 

IDx DH : OR x RP :: CD : GR;& fic dc csetcris punais. 

E ^ Pars 
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Pars iJa patet.Nam coeuntibus puo^is H^I fit ID x Dll 
= DHq&EIxEH=HEq&c. 
oK 96 Coroll Si V X & parameter diaisetri A S T, ccit G Ii 
^^ ' xVX=tIExEH, & fic de punais D, (^ R. Nam 
(pcr hancprop. 2tf.) ISxSH = SHq:IExEH:: 
AS:GE::VXxAS:VXxGE;SedVXxAS ( pci 
prop. pracced) = SHa; Ergo &VXxaE=:lE)( 
E H i. ^. V X : I E : : E H : G E. Quam pfoportioneQi 
verbis fic commode enunciabis, Ut parameter diaiM* 
tri alicujtis in Parabola ad. fammam duanim quajtiuii- 
libet ordinatarum ad fcandon diamctrufn , fic earoai 
pf. diflFerentia ad differentiam abicillarum. Nam VX eft 
Paramcter, lE ( ob IS=:SH & SE=iN<j )cft lum- 
ma ordinaurum S H, M G ; E H eft earum diSerentia, 
EtE6=NS eftabfci(larumAS,ANdifiercatia. 

Prop. XXVII. Theor. XXVI, 

p^. p8. ^^ ^ ^^^ L A, A E, quamhbet ifeSfionihus co- 

pp. I. ^^^^^ vel feSiones oppojitas m laE contingentesj vd 

2. 9. quarum uua kl^in bypevbda^ vel JeSiionibus. opp. Jit 

jorte afymptoftos^ concummt. in A, reffa vero f$uew 

N D earum aheri £ A pardkhy ( Ji opusproibi&a ) «A 

teri L A (7? opusproJuffa ) occwrat in B, iyfeBhm^ 

vel utrvois JeSiionumoppoJitartm in N,D, ^ taSfm 

conjungenti l^lc. vel {Jt L, h Jit afymptotos ) reffa per 

taBum A ajymptoto L A paraHehe^ in R ; i>ico B K q 

= BDxBN. 

07 p8 J^^^ ^^i^ ^ quaJrato ex B D vel ft N, >f coetmti- 

p ' j ' lus punSiis B, D, reHa BR DN ettipfin^ velunam $ 

Je&ionibus oppojitis contingat . 
S>7* 9^' Nam (per prop. 17. vel i8. ) BDxBN:BLq:; 
1.2.3. AEq:ALq::BRq:BLq:(obfimiLtriang.) Ergo 
BDxBN=BRq. 
2. Si tadu L in infinitum abeunte re£la, AL fiat afym- 
ptotos, crit ( ob pundlum L infinite diftans ) E L pa- 
rallela ALundeBRq = AEq= {pcvCmtt. prop. 
if. ) BDxBN. 

a. Coeun- 


;». Coeumibus puoais B,N fitBDKBN=BNqP7- 98< 
ldBDq=:{prius)BRq. 9P. i. 

OmiL SiBRDNfitcontingeiis,obBRqs=BNq, 
toBR=BN vdBD., 

Prop.XXVin. Theoreaia XXVII. 

h Hyperhh veJ Seffianiius oppofitis ^fi^ Vtnis ^. y. 
Nwiatf A, D agantur duieredue kGyXy^ inter fe pa- 
fdkUy utrhis aj^ptfiio Ji (^s prodti&^ in^ill occut' 
Mrx ; isf ah eijaem punStis totidem alia A H, D I> in- 
^^q^opu paraSeia^ aJt^i apmptoto fi opus proJuSfa 
icmenfesinIiI',^2)ico AGkAH=sDExDL 

Connexa A D & fi opus produ6ta (ecet afymptotos 
inB,D;Erit ob ABssDE, &.BD=5EA, & ob 
fin). triangula 

E D : £A ::D I:AH Ergo 
AG:DF::DI:AH 

i.e. A6xAHr:DFxDL 

Ordi/. I. Hincfi AG^DF fiutarymptoto CH^ & ^- 
A I^ D Z afymptoto. C G paralldse, crum confticuta pa<« 
i^Helogramnia CGAH, CFDI aequalia. Nam paral*? 
Uogramma aequiangula proportionalia funt re^langulis 
^lateribas^ quc ( prius^ aequalia fiint 

(koK a. Unde ReStx B A E, K D L hypcrbolam 7. 
^tl reftiones oppofitas ntcunque contingentcs, ab unr 
P^ afymptoton abfcindunt triangula L C K, B C E 
«qvialia.Nam «qualiaparallelogrammal I D F C, G A H C 
( ob K Ly B £ in D & A bifettas ) fiint eorum dimidia» 

CotoJI. 3 . Ob xqualia triangula ,£C B, L K C> & ^ft" 7- 
SQlom ad C communem vel aequalem-^ erit. . j 

i.LC:CE::CB:CK. EtcomporteudQ veldiyi^ 

fcado. 

Cotd//. 4, si contiijgentes ( fi opus produ^ae ) con« 7« 

E 3 currarit 
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currant in O . addito vcl dempto commont fpat^ 
C £ O K, xquaiia etiam erunt triangiila KB, O LS 
& angulus ad O communis vel xqualis. Ideoque ^ 
i.BO:OE::LO:OK; unde comp. vel div. 

rB0±0E5 rOE) rLO±OK^ rOK^ 

C BE 3 CB03 c LK 3 CLO 3 

Et dimidiatis antecedentibus, erit 
g. BA:OEvelBO::LD:OKvelLO. 
Etdividendo 

Prop..XXIX. Theor. XXVIIL : 

8' p. ^i apufiffo fuovis L in ufravis afj^mpt6to hj^hnhey 
vel JeSionum oppqfitarum ducantur Jua reSfa L T, 
luO?\quarumiuTJeSHonem^contingat'm Tj LOP 
vero Jetitoni , vel Je3ionibus opjpofitis , occurrat in 
duobuspunSlis O, P ; j^ apunSfis O, T, P, ducantur 
reffa O Q, T V, P R ajymptoto C L in qua eRpun- 
Bum L paraUehe^ alteri ajymptotm C M ( ^ opus pro- 
duB^ ) occurrentes in Q, V, R ; SpunSta O, V^fint 
adeankemfeStknemfeStarum O Q, P Rfitmmayjin ad 
oppofitar^ earundem differentiay neqwdis erit dt^Le T V* 

Produdbefi opus LT, LOP occurrant arymptoto 
, VR inA,M, & ab utrovis O^ P, ex. gr. Oducatur 
O B parallela V C occurrens L C in B. 

Ob triangula M P R, OLB fimilia & MP = OL 
critPR = LB.EftqueBC=OQ,undeCL = OQ + 
PR=<obAT = TL)xTV. 

CoroU. u Hinc fi per idem pundum L ducantur 
quotlibet L O P, eric duarum quarumvis O Q, P R ab 
ejufdem redae LOP pundis dudtarum fiimma, vel 
difierentia duarum OQ, PR ab alteriusxujufvis re- 
dte L O P punflis dudarum fimnbs vel difforentias 
•V aequalis. Nempe ubique squalis dupbe T V» 

CmJI. 
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fMf.^ Si Re^ per: L fic aiteri afyispt6ton paral^ i<^* 
j^ 'm unico pun6lo O ieftioni oQcurret^ eritquey in M 

pccafti, fola OQ = zTV. Nam OQ=CL= \ 

fT Vi Unde in Corollario praecedcnti eadem eft ra^ J 

bfoliushujufmodi OC^quaedaaruni aliarum OQ, j 

^limmix. veldifierenti». 

Prop. XXX. Problenn il. 

« 

Da^ reSfa UnM D E, adJeSHonem quatmis coni- ii. 12. * 
m^ vel adJeStmes oppojitas utrmjuc in D, E ter- ig. 14. 
maUe diametrum invenire ; Et centrum in Hyper^ 
Wi w/ opf feSt. ^ EMipJi. 

Docatur ({uaelibet Hi ipfi DE parallela, fedlioni 
rd fe6):ioni oppofitae vel feiSlionibus .oppofitis utrin- 
qoem H, I, occurrens ; Bifecentur DE, H I in F, G. 
&itconnexa^FG redbc DE diameter, per CoroU. 10. 
l»op. xo. 

lQ?enta hoc modo quahbet diametro ellipfeos, vel 11. 
detenninata hyperbolas, haec produ£ta occurrat f^io- 
oi vdl fe^tionious oppofitls in A^ B. Bifecetur A B in 
C;Erit C centrum per prop. Z2. vel inventis hoc modo 
duabtts quibufvis diametris , Has ( per eandem prop. 
a^. ) in Centro fe interfecant. Pofteriori raethodo 
dau utriufvis ^ fedionibus oppofitis, vel Ellipfeos reii- 
^uatantnmportione^ centrum invenitur. 

Prop. XXXI. ProbL III. 

^lnomni feSlioneconicay ^ inter feSiiones oppojitasy i^. i^- 
^dato funffo D, ad datam diametrum A B, ducere I7*^** 
^&mam D O ; j& dtametrum huic conjt^atam in 
flmbolavelfeSt. ofp.^ ElHpJi, 

InHyperboIa, inter fcftiones oppofitas & in EI- ly. i^. 
Jipfi) Invento centro C, connexa D C & produfta oc- 17, 
^xet feaioni, vel fedtioni oppdfitat in E ; Per E du- 
«a E F parallela A B, occorret feilioni, vcl feftioni 
I ^Ppofitae in F, fonfe fcftionera vel fe^nem oppofi- 

tam 


L" 
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um in E opntinget untQm ; Si occurrat in I 
nexa DF> pccDrtec d&unettfo A B in O ; Srif^i 
ordinau quieflu. Kam DC=CE uoMfe obp 
las teflas eht DO=OF. Liquet ergo prop< 
per CbrM. 9. prop. 21. 
sufpufi^ Si re£b per E diametro A B parallela fit coiiefi 
r^ tmjui erit ipfa D E ordinau qpefiu. Nam ( per Gn 
^*^""' prop. 22. ) erit in hoc calu refia E F paralieZa oi 
tisad diametrum DCE^ unde(per prop. 23. £ 
feq.) £ C D, B G A funtdiaaletlri conjugMdr^ ide 
( per ejufiiem prop. 2x. Ciar^ 1.) ad tc mutuo ^i 
xsc. Inventa vero quaiibet oidinata^ re^ per ceM 
huic parallela erit diameter huic coiyugaca. 
18. In E^rabbla^ Duda utcunque D A diamecxQm 
in A iecantei in D A produ6by fiat A £=: D A^ d 
EF ipfi A B parallela oGcunpededioni m F> jttn 
[ue F D occurret A B in O, (eritqne D O didinata q 
lu. Nam ob re6bs parallelas, & ob D A = *A E, 
DOzssOF^nodc liquet pvopofitutti per Cbr^ff. 
prop. aa 

Prop.XXXn. Probl.IV. ; 


OUi 

fita 


19. 20. /» ommjeffme conica reBam D T ^erpy qu^^ 

21. Bi(memmdatopm£io\>contt%at. 

ip. 20. In Hyperbola & EIIipG invcnto centro Q^ Ax^Staq 
diametro D C^ fiat ad hanc ordinata qu^libec A C 
deinde per Ddu^b pei! D re^ D T parallela A ( 
Propofico fatisfif. Patet per Coroll 8. prop. 20. 
21. In Parabola^ lovenu qualibet diametro BQ per I 
agatur DE ipfi BC parallel^ quae propterea erit dia 
meter ; Ad hanc fiat quselibet ordinau AO, & per I 
ducatur D T ipfi A O parallela ; Haec (per idem Or^^ 
8. ) fedionem in D cominget. 

Prop. XXXIU. Probl V. . 

22i Z>4/^ Hyperhke vel ScSHormm ofpofttmm aJyiM 
ptotQS invemrt. 

Invcnti 
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tim in £ o^iiget untQm ; Si occurrat iii f^ ccui 
nexa DF» occDrtec d&uneci^ ABinO; EdtqueDI 
ordinata qqsGta. Kam DC==CE uiHfe pbparalll 
laa fie£las erit DOssOF. Liquet ergo pxopdElvai 
per Cbr^. 9. prop. 21. 
suppufigu^ Sl redta per E diametro A B parallela fit conii^eiil 
r^r i»/iii erit ipfa D E ordinata qpefita. Nam ( per Cbroll. i 
^*^""' prop. 22. ) eritinhoc calii refia E F parallda ordina^ 
tis ad diametrum DC E, unde ( per prop. 23. & def 
feq.) £ C D, B G A fiint diametlri conjugatat, ideoiqu^ 
( per ejufiiem prop. xx. Ciar^ 1.) ad ie mutuo mdim^ 
tx. Inventa vero quaiibet oidinata, re^ per centnml 
huic parallela erit diameter huic cotyugain. 
i8. InParabf^ Duda utcunque^D A d^metrem ASf 
in Aiecantei inDAprodudby fiat AQgDA^ dudi 
EF ipfi A B parallela occurvecledioni m F, jiin&* 
mie F D occurr^t A B in O, eritque D O ordinata qme- 
uta. Nam ob re6bs parallelas, & ob D A r= A E^ erit 
DO;=:OFy nmfe liquet psopofitum peir Cbr0& ij. 
pcop. 2a ^ 

Prop.XXXn. Probl.IV. 

19. 20. /^ omniJeSHone conica rcBam D T d$iccrpy fu^Jc* 

21. Bionem inJato punffo D coniif^at. 

ip. 20. In Hyperbola & EIIipG invento centro Q^ du^que 

diametro DC^ fiat ad hanc ordinata qu^libec AO; 

deinde per D du£b pei! D re^ D T parallela A 0; 

Propofito fatisfif. Patet per CorolL 8. prop. 20. 
21. In Parabola^ loventa qualibet diametro BQ pet D 

agaturDE ipfi BC parallela^ quae propterea erit dia- 

meter ; Ad hanc fiat quselibet ordinata AO, & per D 

ducatur D T ipfi A O parallela ; H«:c (per idem Csr§JL 

8. ) fedionem in D continget. 

Prop. XXXIU. Probl V. . 

22i 2)atf Hypcfhhc vel ScStiomm ofpojiuirum ajym^ 
pftaos invcmrc. 

Invenu 
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Inventa qaalibet diametro determinata C E, & oen« 
ro C, ducator uccimque F G paraUela CB^ unam fij^ 
Uonum in G lecans atque huic oppofitam m F [ vel 
inondctur ie£lio oppofita, duoa diametro C M ipG 
Z B conjugata, (ecante G F in M, fiat M F = M G ] 
Diametroque F G defcribatur femicirculus F P QG, 
nreilaque ubicunque ad F G perpendiculari NO aequali 
femidiametro CE| perOagatur POQ ipfiFG pa- 
callelai iecans circuii pieripKeriam in P, Q pun6U^ ^ ^ 
kis diiniflis ad diametrum F G perpendicularibus C^R| 
^Sy erunt jun^ G S^ C S afymptotL 

NamCB= (exconIfaruil.)NOq;=: (obparalL) 
QJl. = ( propter circ. ) G R x R F ; Unde ( per Gn-oU. 
4^prop. i$.) erit pun^um R ad alteram aiymptoton. 
rarique ratione eric pun&um S ad alterauL 

Prop. XXXIV. Probl. XVL 

InomniJeBmc conica^ 2)atie diametri A B Tarame^ %Ia 24« 
trmn invenire* 

In Hyperbola re^la E B D in vertice B contingens & 
ad afymptotos in E D terminata xquaiis efl (per de£) 
iecundx diametro ipfi A B conjxigata?. In Ellipfi dia» 
meter E D diametro A B conjugata^ & ad ieaionem 
in E D terminata efi; (ecunda diameter. Inventa er|;o 
in Hyperbola & Ellipfi hujufinodi re^ £D^ iuc 
ipfis A B : E D: teaia proportionaiis L R ; Hxc ( per 
cle£ ) erit ipfius A B parameter. 

In Paraoola. Ordmata ad diametrum AB quavis (^jT* 
re£ia G I, ipfis A I ; I G : tertia proportionalis L R ; 
Erit L R ( per def. ) diametri A B parametcr. 


P ARS 


♦ / 


(«3 


^""■•^* 'I ■ I- ■■^^"^■^^■-^^•••w^in»»»»i«fi^iw 


P A R S II. 

Ti^mtiones. 

X. iC I Refla A D ita dividatur in B^ <1 ut fic tota A C 
9 sid utramvis parteai extremam C D^ vn relkjitf a* 
irenia A B ad mediam B C^ Ee£la A D H^rmmti^ 
^Ja dicitur. 

Et Pundla A^ B, C, P dicutitur Tw$Sf^ dmjm 
HarmomCiff^ Vel Harmmcaha. 

iibrt?//. I. ObAb:DC:;AB:BC Erit alteratfAi 
AD:AB::DC:BC. 

CsrolLx* Utravis extremarum A B vd^ C D f&^ 
jor mcdia B C. nam A D c^ C D, vel A B! 
^ CmU.3. Datis divifionis harmonicas ^iiobus etf^' 
* ^ mis punftis E, H, & mediorum uno F, inveJCiitur akcj 
rum G. Nempe di videndo F H in G in ib tione £ H ^u 
?:F; VelBFinGinrattoneEHadHF. 
3. Coroll^. fint E, F,G^H jpiin^ di vifioni« I»n«J- 
ilUcaB, fitque I F utriufvis extrcanap par4:is E F ^xceflu^ 
(upra mediam FG; Propter EF:FG::EH:GH 
crjt divid. 

j; CmJl. S' Unde datis diyifionis harmanic$ va^^^ 
pun6lis F G, & extremoruiri uno Ej, in venitur ^ta^^ 
H. Fa<aa nempe EI=FG ; Deinde fitcieqdolf- 
FG::EG:GH. 

Coroli. 6. In cafii CoroH. g». liquet duo tantum p«fl- 

ih, propofito fiitisfacere ; ex utraque fi:ilicec p^^ 

punai F unum ; In cafu CoroU. s^. unicum. 

3« 4j ^- Corol/. ^. Pofitis ut in CoroS. 4. Cum fit I F : F G • • 

tf. EG;HG; quominorefl: IFrefpeau FG, eomiflO'^ 

crit EGrefpeau HG: fiitaqucfit EF=FG,hoc 


E4JJ 

Ri fi IF nuBius fit mstgmtudinisi critHGinfiiiita. 
ii ex datis E 6, HG fit HG infipita. erit I F nullius 
Qagnituclihis, hoc e(L erit £ F = F G. Cujus rei oc- 
:urrent exempla in iequemibus. 

« 

Lemmai. 

i. 

Re^a A D Harpmiee divifa /» B, C^ ^ tUtitois «x- 7« 
Wemapmte A ^fimulcurtt meiia BG /. f. A C hifeSa 
&» M, Dico 

MB:MC:MD^ 

Produ^ D A, fiat A d ;= C D 

I. Exhyp. AB:BC::AD:DC 

Ec dMiidiacis aiitecedeiiri6uft. 

3. MC:BC::MD:DC. • 

Lemmaz. 
• 
/fj;dhM/^iir2>f»BC:BD::BM:BA. f, 

Nam per 3. proport. fapra MC:BC::MD:DCI 
uiide iaYerteado & utenianao. 

BC:DC::MC:MD &per4'". proport. 
MG:MD::MB:MCuiide 

BC:DG::MB:«jJJJj. Etcomp. 
y. BCr^BC^+DCj^^^MB^^^^Sg+MA 

Lemma 3. * 


^/(^j£)^»DCrDB::DM:DA. 
fam ex 3. propor. fepra, alteraando & invert 
M D : MC : : "DC : BC Et ex i*. proport. 
DG:BC::AD:AB. Unde 

G 2 C MD 
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». MD:MC::AD:AB. Etconv. &mr. 

«°-„MC^:MD::{*V''^^'' 
■7 UndcalKrn. CD:BD:iMD:AD. 

Lemma 4. 

•;. MiimpofitismoT^C-.DB-.-.AU-AB. 
Kitm ex S'. proport. invcrtcndo. 

BD:BC::BA:MB. Etdiv. 
o BD— BCJ .„„.. rBA — MBj _, 

Lemnu f . 

•j. fi/dcm jmfitii Wn kD:BD:.AM:BC 

Fer proport. 8. dti^ ia fe mutuo exuemis & me- 
diii, DCsBA^BO«AM fimiliter pcr praDon.i.i 
DCxBA=Ai)xBC crgo BDxAM=ADxBC 
unde 

AD:BD::AM:BC. 
S. s. ^V- '° ^^^ quavis A D fi pcr diviGonis harmonice ' 
puuaa A,B,C, Daganturquatuor reSz A E,BE,CE, 
D E in pun£lo qnovis B extra re^m A D concurren- 1 
us, vd mter le parallela:, Exdem HammicAks ap 1 
pelleotur. \ 

CoroU. Re^ quxvis ipfi A D parallela harmoni- j 
ctlibus ia a, b,c,d occurrcDs harmonice dividitur. j 
Nam ( ob parallelas rc^s ) lecatur in cadem ratione ] 
quaAD. 

Lemma 6. 

io.xi. lijjem polUisJitreBit^mV)A. cuimluarmmi- \ 
caliumex.sr. ED parnlteli, trihtts reliqtus occarrens y 
i» F, G, H, Z)/f j F H fo/ta»» m O. 

PerGduaaGIKLipGADparaIIcla,limiliarunc 
triang. IKE, GKF, &ILE,eLH. Per Onll. 
prieced.def. IL:LG::IK:KG::(perfim.triang.) I 
. IE:FG::IE:GH.UlldeFG=Ga ' 
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Lemma/- 

Sr coftverjim^ Scffa juavis FGHiifeffa in G, ^ i^ 
piodvis pmffum E ^ir/r4 reStam F H «^// r^^// 
, G E, fy^l> MFUparaUek^ "Dico rcBasF^^ 
i^ li E, DEy ejc Harmonicales. 
^er G ducatur JK^ G L I occurreos quatuor re6lis ia 
3, Li, I, (quod fieri pofle manifeftum di) Erunt(ob 
I II £D) fimilia Triangula, IKE,GKF, uti & 
>E, GLH, unde 

IE:GH::IL:LG Et 

IE:^Q^J^::IK:KG Eigoexxquo 

IL:LG::IK:kG. 
Hbc eil, pun^la K,G, L, I funt harroonicalia ; unde 
oec per defin« 

Lemma 8. ' 

St quatuor barmonicaks i reSfa quam utcunque /?- i J. 
^ur in punSis K, G, L^ 1, 2)ico reStam KT I bar^ 
micc nkvi^t. 

Per pundlorum mediorum alteratnim G ag^tur 
G F parallela redlaB £.1 quae per pun^torum extre* 
orura ^ G remotius tranfit, tres reliquas fecans iii 
,G,F; Erit(perLcmmatf.)FG=GH; Et tri- 
igula lKE,GKFfimiliauti etiam ILE,GLH, 
ode repetitis qux in Lemmate praeced. Erit I L : L G 
IK:KG. 

Si harmonicales fint parallelae nulla eft difficultas. 
Scbol Exhoc lemmate cum praecedenti fiicile erue* 
|r expedita methodus, Datis tribus quibufyis harmo* 
be divifionis pun6lis, quartum in veniendi. 

Lemmap. 

& elua reSia ABCD,AFGH harmmice divij^ l^xs^ \\ 

^fant quodtthet Ovijionis punSfum A commnnc^ ca* i5< && 1 

^mae divifionum punffa reffis B F, C G, D H conpm* i 

^twTj ita utfectmdum ordtne acommtmiptmffo A | 

G 2 unitts^ j 
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BF,CG,DH vel ceire ornnes in commuai pm^o 1 

veiefit mnes tnterfe fmaSeks. J 

I4.if< ^Kio fi earmn binx ^libet er. gr. HS, O 

j^jZ' coeantioE. JimdtaBEfecet AFGHml, &coiui 

i8 lo! ^^'^'^ A£; Ob divifioDcm barjnoiiieaiii ezam E J 

EBI, ECGjEDH harmonicaks& ptrnd:a A,I,GJ 

hannonicalia, uti etiara ex bypotbefihint A,F,Cr,J 

ierratEt vcro conditione prop^Ka, fecile maoiJKfiJ 

dl pun^ I, F iemper cadere ad ea^m P^rtcs r^^ 

£lu reiiqiiorum, fi ^itar lit F raedium, icUicet iiiii 

A, G erit & I, ( per O^oU. 6. poft det dir, harm.) aq 

erii inter eadem puii^ aliud Biedium I ab F diva 

ium; Si ei dads A, G, H duo fint media & unum a 

tramun, non erie ( per idem CoroH. ) aliud exticimn 

I ab FdivCTfum, coincidunt ei^o, I, F r. r. FB ecaf 

tranfit pcr E. , 

30. II. Secundo fi G C fit parallella H D, Ob fim. triai^ 

CA:AD::GA:AH & div. vel cpmp. . 

AD±CA3 . . r.. fAH±GAj . , V, . . jj 

CD f ^^ i GH }- = AH.:a^ 

(Obdiv. har.) CB:AB::GF:FA. ande fim. d 
an^. ABF, ACG, Hoc eft,BF|| CGI10H. Iddl 
eirit ( ffluutis mutimdis ) fi fit F extrennmi. , 

Lemma lo. < 

aa.2j. Si SeBa barmMke tBwJa A B C D, 6* «#* ^gftrM^ 

14. if ■ Jivifa B F G , iaheant fuoJiiiet deoijitmmh pimBi^ 

t6. 27. cmmune B. Et dm rehfua bifariam ^v^ pmoi 

cum tottdem alterms refhs A F, CG conjur^aatarj A 

fier rejidmm barmmice divifte punHum D «g*r«rDJ 

ipfi^&VGparalkk. Ita tamen ut cum punBam Hfii 

rit hifariam divifa extremum, fecundum aaius cumfe 

undo aherius conjuBgdlar, Jin B medium fuerit hiftffi 

m^ijfpanBumy TunBum 'Oper ^dpdraMt « 

"H dmiturjit a cmmuniB/ecurtdam; Cffterdjffvff 

fttt. ZJjcffnf^wAFjCOjDH caire tmtes tn cm 

nuiiiftKdampunffff E; 
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re^iarufli (j[i:^ar(gn pua^ cofljuiigutttur partes 
p ^Qidem acqpaaks alterius ia aequalfis liqutt A F^ 
jT coocarrere. PQrroinaai&iluioeft AF^CGnan 
f inU BGF paraUe]^, proindequc ufiraniquc^ huic 

Ellcfcp D H coacwrere. . . 

it ergp ^tribu^, d\^im quafuQilibet cx.gr. AF, 
ir pccarfus E^ PerEdu^EI parallela FGBJer 
ix^ ABCD inl; Ob FGB bifariam divi&m & 
puolldm E I, conoexa £ B , erant E B, £ A| 
£1 hamsonic^eS) unde pun£U Bi,A,C^I funt 
onicalia^ uti funt ex hypotbefi B, A, Q J)j undc 
ibijdetur ( ut ia piiore lemmate ) pun^ J), I coin- 
lei^. Unde paciet propofitum* 

« 

[ ' Prop.1. Theor.L .. . 

^Si fiStmem fuanms micam vdfkStmes i^M^Ax ^g. 25^ 
wingant hin^ reS^ A J>^ A G cmGmrentcs in A^ Tcr ^q] j ^ ^ 
mStum vcro cwcurfm A^atur reiSa ALKlJc^io- ^^. 
iy vel utrtQue JcSHwwn op^fitmm ooptirrensm pun^ 
L> I9 & conjufi^cnti laaus DQ {Jn cfip. /c£f. firo- 
'^ ) in Ky 2)ico candcm baxmmHc aividi i pun» 
s h.UKyh iJ c/i XL;M:;KL:Kh 
Per Ij L a3:ae £ 1 MH, B L N F, oocurrant coatia* 
laitibas in £/H & &Fie6lioni vero, velie^ioni 
ippofitae^ vd utriqtie ieiSionuni oppofitarup in M| 
i ; Erit ( pcr Prop. ip. Part- i- ) MH = E I & N F 
b6Li.i?. ME=H1& NBsisFL. Et(perProp.^ 
U,vel 18. Part j. ) erit 
^LBxNBl .^EIxEM» ..QB ^Qg . r 

LBxLFr-tEUHjr •^^^•^^^" ^^^ 

W. triang. ) K L q : Klq. Rurfus ob fim. uiang. 

LB:EI;:AL:AI & 

LF:HI:;AL;AL Duftifque&c 
, LBxLF:J£IxiHI;:ALq:AIq:: (prius ) 
KLq:KJq. Erg0AL:AI::KL:KL 

Cmli. I. In hyperbola & EUipfi fi re&a contingeo» \ «, ^j; 
le^onem in .quoJib^ pun6lo D, cuivis diwie^ro ^ 

|. I L 


r 


[4»] 

IL St opns produ^ occurrat in A^ & ^ taOo D 
eandem diametrum ordinetur re£la D K, vel fi ad ^ 
metrum quamvisIL ordinetur reda D K in cojasi 
tremo D re^ D A {eftionem contingens occurrit d 
metro in A. Eadem diameter in pun£lis I^K^ I^ 
harmonice iecabitur, ie. erit A L : A I : : K L : K 
Nam produda D K donec (e£Uoni denuo occonat 
Gy Contingens in punflo G ( per Qfro/l. 17. prop.;^ 
part. I . ) occurrat contingenti A D ibper diaoieato I 
m A. Unde hic cafus non di&rt ab illo hujus pro| 
fitionis. 
^ ^ .^ CsroV. 2. Unde ( cum centrum hyperbolae vel S 
Si* ^H^' lipfeos C biiecet LI ) erit per Lemma i. hujusporcis 

C K : CI : C A ^ 
Et per Lemma 2». in EUipfi per 3». in Hyperbd 

Lj1y.:CJI&::aK:I K^ 
£t per Lemma 2. in Hyper. per j.in EUipG. 

L A : C A : : K A : I A 
Et per Lemma^. in Hyper.per y. in Ellipfi. 

AL:AJI^: :v>Lj:1 J\.. 
Et per Lemma 4. in Ellipfi per s- in Hyperb. 
LfJv^l-iv^^ilvA : 1 A. 
Alias ejufmodi proportiones fiipra in lemmatum ^ 
monftrationibus notavirous. Plures adhuc ex his 
comparando,dividendo vel componendo, eruet ledor 
\j^ CbroU 3 . fi contingens Paraboiam in quolibet puuA 
D cuilibet diametro I L occurrat in A&k D ordinc 
tur ad hanc diametrum re^ DK, erit AI = IK 
'Nam produ6ta K D in G, Contingemes in D, G ut fa 
pra in Coroff* coeuut fuper diametro in A, Re^^a ven 
A I K L in quovis alio fitu A i kl iedlioni occurrit ii 
hinis punAis i, 1> & ( per hanc prop. i. ) barmonio 
dividitur k pun^ A,i^k, 1 ; Jamre£b Aiklfitun 
A I K L qbunente, abit punftam L in infinitum, tmd 
( per OroU^ 6. pofl: dcF. div. ha^m.^- A 1= I K. Haoi 
vero parabolae proprietatem nobiliiumam &ne ac pul' 
cheermiam peculiari Theoremate mox dignabimur. 

3^f 3^t Cmfluy in byperbola yel opp. feA. fi re^U-A L K 1 
^ ^ . fi( 


lil 
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\l altcci a{ymf)A6i6h.t)AjmUj:la;punftM^ in 

fb qualK^ fitUjAikj 6fi;*suiAiliaai le^ionttm oppoii- 
iQram.;prdilide|^iii. ad hatipoixkani divifionenif perti^ 
'%) in infimtum abit^ .jfper jam di^um CVn?^.) 

€!aroliy$^ In bypetbola &:oppoliti& fe^ionibus, fi gS. jp. 
imtitigeiitiuaijflltera ex. ^^AD (.ta6tu Dm^rame in ^a 

EGnituni ) degeneret in arjfinptoton^ oonjungens ta* 
as.GD^.fitJeoa eidcm afyoi^^o paridleiay idemque 

eftat qijod ta&u&coiHnngtas m caiibus hujus prop. i. 

Cordff.uy^^ nkmcnm nAiKlu occurrat fe6tioni, vel 38.^39;^ 

^otiibus! <f>pQficis in biois pundtis, erit ut in cafu ^ 

Mijuspropu AL:AZ::KL:KI. Si verp AIKL 40. 
Iterti aiymptpto C E pacaUda^ erit ut ^9 cafu Oh 
4mI AI:;^iK . 

CmmK 6., £t ut prapr£etates quantumvis (pecie di« 41. 
hnihas^ahsqmli afGnitatis vinculo conjun^s eSe & in 
h fflutud tranfire innotefcat ; >fi in hyperbola^ vel fe6l. 
^p. contaAuum D G uterque infinitum abea^ concin* 
||ens utraque' fit afymptotos>. harumaue occurfqs A cen- 
tro coinciditj. pimdtoque K cum ta<^ contingence in 
bfiniciun . tnkrante, fit (per idem Cbrqff.) L A =: A I ; 
|ft vero in noc cafu L I diamietec atque inde eciam 
LAzrAI. 

In ElUpfivero .velfo5tppp» ficontingeatium oc- 42.43. 
curfus A migret in inHnuum, erit ( per idem CoroU. ) 
L K = K I ; fed & propter punflum A infinite di- 
ftans erunt DA, LA^ OA inyicem iparallelx, unde 
trit DG diameter, & LI ad hanc ordinata^ atque 
kinc itenwi LK=KL 

. Prop. II. Xhcor. II. 

^ * ^ ' 

' Si parahJ^n^a^ Jhmter fuajihet klLf ^ ejus 44. 
^ex I', reSfi$ A D ubivh in D contingensy eidem 
^metrooccufrat in A> ^ a taSfu D ardinetur ad diat 
mrumreffaDK; 'Dico AlzrzlK. 
Per D du^ diametr^ D M ^d.faaac ot^ngji^f 1 6 O 

G qn» 


qax erit propfttea pantUelai AD; & UicAa ia Gry Ab Q 
ad daniemitn A K ofdiaetiir O N ^uae^eEkrjdea saral* 
Itla DKy^FuficquetmtigolaKDiivN 

Ob A D = 1 6 ^it 10=^ X A;Di ideoque oh finuL 
triang.NIrraAKj&NOzsaKD, propter Jferah, 
( per Cbroff^. jrfdp.io.p.r-) N Oqsr^ K Qq : KD q 

t:NI :Ki; l ^.Nti^^Ki. E^go+KIabaAKiTi 
aKr=rAKf.^^.KIdicA-:L •' • ,^,:. ;:..... . 

^ltiJ;^ A re£hi A 1> ftftionem «d< unam ^ CsiSL bpp^conmit 
^ n^ t* gat, afhera 'A L I kB^ncxt Vei feabnct oppdfiias &• 
''^'♦^^cet irf attebus puiiais L) IrveliniuiicipIrfi.fitHy- 
perboldi tf Pj^pioto parallda,^ vel F!ardbdls^;dis|iiaeter; 
B2ti(que t^ibul A^L^I inv«|iiaturjquaflmp'divifioni^ 
haroionicas punAum K^ quod fit mediBiti int^ L & i 
fi pun^ L, I- fint ad eandiem fiiftbneii , eitfemuni 
ver5 fi fint ad oppofitas, vel G A I fit aifnpGDto pa- 
raUela vel pkjrabolx diameterfiat I K :=r A I/ & coone- 
datur K D occurreiis dedua ie&ioni^ vel^iefiiom opo* 
ih G. vel fi A D fit afytnpiotcis du(?atur K Q paralkla 
AD iecans (eftioiiem iii^G^ eiut connexa A^ oo»ciBgeB& 
Natn datis tiibus A, L,I noq erit atiud har.divvpun* 
dtum extfenlum^^ vel itMt^ data L,I mediom^ prsetcr 
K. Nec aliud pundtum divifionis bifariam* ad tKurtes 
iediohi^f^^xser K^ unde ex propp. i. & x. fittis l^uet 
propofitum. . . f . . 

Prop. III. Theor. IIL 


/ % 


4jr 4<f. SifeBmefn foamvis conicMmy veJJdSHmes op^Ji^ 

47. 48. tas contingant^ hna reSta A F, A G, cmcunentes m A, 

^per k ducatur A V tdBus chtftingeffti F GfiaraSela, 

Jiitnptoque in AY quolibetpunSo V, perV^ fmdiufu^ 

"-• ptinffmnQtaffuscofffungentiMd^turVOySici^^ 

i^effa VOJeffioniy vel feffionikis ^pofitis ocaunr^if M 

ifinispunffis T)L ealukfm bwmmcedmA kpmGtim, 

V,T,0,L. ^ i^ \ i 

0«anetitALfi9^Aioc4ttnriit>ia<^& ireasFGcj 


C^r3 

m R, & ducatur QP eidetp (iedjoni, ve{ (c^iom op- 
poGcde occurrens in P, erit coimexa AO diameterj 
bifecans QP in S* Pnopcec A L ( per pneoed. ) har* 
monice feilain^ erunt O L| OR, O (^ A harmonica- 
lcs; ergocumfit QS=SP> &SP fitptt?dlclaFG, 
incidet pun&um P ( per lenuna^.hujus p*)ixk se^bm 
V L ; id efl: pun^um P fedioni, re£be QP, & xt&x. 
VO L commune efl:, ac proinde idem cum :p4jn<^o T : 
ied obAQRL (per pratced.) luirmoni^^ diviiami 
erant parallek re^ A V, Q T, R O, haii^QianicaleSi 
&punclum L commune eft, uade re^a.V O harmo- 
mcedividitur ^pun^is V^T,0,L. Vel&:* pfl:en& 
uc prius S Q 3= S P & pun^ T, P comcidere mtel- 
ligaturdu6bi AT; ob TQHVA & bifeclam ab 
AO in S, erunt ( per lemma q.) A V, A T, A SO^ 
A QL harmonicales , unde ( per iemnia 8. ) li^uet 
propofitum. 

CbroS. i. In hyperbolai vel iei^ionibus oppofitis, ^p. 
ii pandlum V ita fumatur ut fit V O alteri afymptotbn ^^o. 
D C paraUela, manifeftum efi: hanc uni tantum ie£lio* 
num oppofitarum idque in unico pun&o T occurrerci 
unde in hoc cafi} (occurfu L in innnitum abeunte) fic y 

(pcr faepc di^um coroll) V ^5= T O. 

Ouroff.x. Et in pajrabola coincidentibus pundlis V| A Si* . 
hoc eft exiflente V O diametro fit V X =T O ut 
prius ofisnfum. 

CbroU. 3. Et in omnibus cafibus pundo V in infini- 
tum abeunte^ hoc eft/iu£la V T O L ipfi V A parallelai 
coincidchtibusT,F,&G,L;fitTO = LO, quod& 
werum elt ob diametrum A 0. 

« 

Prop. IV. ProbL I. 

Jf Jaioexira^Jeffionemf vehfeShones oppofitas ptmEto ^^ ^^ 
A, reffar A D, A G dmete ^fUne jeBionem vel feffio- • j. * ^^\ 
motpofiti^ MiM^mt. QforMautemurpttnffMmA 
« H/ferbola velfea. (M. nonfit centrum. 

Per A dacantur AXL, Ail &dtioni vcl f^^ioni* 

G 2 bus 


biis opp. vel uttique feti. c^dp^&c. in I,L, i,l occurren-i 
tes, qhod fieri poile fnanifeUum eli ; datis tribus harmo- 
nicae divifionis pun£kis in utraque refla A,Ly I ; A,l^iy 
inven/atur in utraque incra (eftionem quarcum K, k, 
conneXa K k occurrat fedlioni, vel feflionibus oppo- 
fitis ih D; Gy erunc connexae A D, A G contingentes 
quscGtat. 

Nara (per prop. i. hujus p.) conjungens ta6lus con- 
tingentium ex- punilo A tranObit per K^ k, proinde^ 

SuffU fitu que non erit a D G diverfum. 

|^^^'|"* Nota, fi fit A I =r A L quod inter lefl:. opp. quando- 
que fieri poteflr, invento k ducenda eil k D G parallela 
I A L : nam K inHnite diftat. Si A fit in altera 
afymptotdn, erit D G infinita, hoc eft aiymptoto pa- 
rallela, unaque tantum eric concin^enS| hoc eit coaT 
tingens altera erit ipfa afymptotos. 

Scbol Alias methodos (eafque forte ahquando cotn- 
modiores) ex prop. i. hujus partis ^oroUariis le£tor ia* 
cile excogitabit. 

Prop. V. Theor. IV. 

56. f 7. /« phno jeciimis conica^ velfeffionum oppofitwtunii 

y8. yp. du^a quavis reffa VA qua jeBtonij vel jeGlimhus 

60. , non occurrat , nec per centrum tranfeat ; inventaque 

diametro A M O re&arum in feHime^ vel feSHonwus 

ipfi A V paraUehrum^ occurrente reffa A V /« A ; 

2)icQ ctmjungentes taffus Unarum fuarumcutPfue con- 

tingenthm VH, VI ex quovis punSio V reBa V A 

duciarum^ tranjire per unum idemque ptmStum iu 

feSHonCy vel in altera feffionum oppofitarum^ medium 

Jcilicet reffa F G conjungentis taffus contifi!g;entiufn 

A F, A G i punSto A duStarum. 

Conjungens ta£tus FG (fper def ) ordinata eft ad 

* diametrum AOM, proindeque parallela AV & bi- 

fe£i:a in O ; connexa V O & produ^la occurretfe^2imi| 

^r vel fedionibus opp. in T, L^ vel (fi fic afyroptoCD pa^ 

rallela) in unico pUn^o T, fi occurrat in ]f)xm puoai% 

eadeta 


C^3] 

ndem ^ pun6tis V^ T, 0> L harmonice dividitur, alias 
i paniSlis V, T, O bi&riara di viditur^ m patet ex prop. . 
}• & ejus CoroU. i ; at per prop. i. & CoroU. 4. liquec 
conjungemem tadtus H I contingentiuni V H^ V I 
Kranfirc per O, cum ilantibus caeteris punflis non erit 
iotra ie^onem aliud pun£tum diviuonis harmonicae 
vel divifionis bifariam ab O diverfum* 

OiroU.\. In hyperbola fi pundum V in ^lteraro 60. 
ifymptotdn incidat, contingentium ex V altera V I in 
afymptotdn degenerante^ re^ta per alteriusVH con- 
taduni H eidem afymptoto parallela per O tranfibit, 
Kam H I vice fungitur ta6lus conjungentis. 

CwoU* 2. Si \ pundlo extra feaionem, vel fecliones J^. J7. 
opp. ducantur duse contingentes A F, A G, fitque u£lus ^- 
conjungens F G ; fimiliter ex alio pundlo V fint con- 
«ngentes VH, VI, & tadus conjungens HI, occur- 
lens F G in O ; jun6h A K, erit pundlum O concur- 
fus omnium conjungentium ta£lus contingencium ex 
quovis pundlo reibe A K du£brum ; & (per prop. 3« 
cum CQroUariis) du6b per O reda qualibet occurrente 
Dtcun(]ue redse A V & iedioni vel lc£l. opp. in binis 
pnn£tis, eadem harmonice dividitur ; vel bifariam di- 
viditur tantum, fi fit alteri afymptotdn hyperbolx pa« 
rallela, vel fit parabolae diameter. 

Prop. VL Theor. V. 

Sumpto intra JeSiionem conicam^ oel unamfeBionUm ^tf. ^ 7. 
^pqfitarum quotibet punSfo O, qmd in EUipJi non Jit j8. ^^ 
mtrumj tnventatjue diametro quater O tranjit^ per 60. 
ad banc ordinetur F O G , Jeaioni in F, G , oc- 
currenSf in cujus extremis feSiionem conti^gant F A, 
6 A, diametro A O occurrentes in A, ^ per A i^atur 
KVipJiFGparaUela; !Dico reSfas HK,IK contin- 
lentes in,occurJibus reHa cujufvii HOI perpunffum 
duSa\ ^ feSfioniy velfeii. opp. i» H I occurrent^y 
^mvenire in imn&um ahquod re&^ A V,, aut effe «• 
inm paraUeUs. , 

Si 


r 


Si contingentes HK, IK concurrant in K, agata 
KO^ i\ux produ^la occurrat fedtioni vel fedidnibu 
in L, T, (quod femper fiet niQ K O Gt alteri afymptc 
t6n hyperbol» parallela)'& rt&x A V in V : proptc 
diametrum erit medium pun£lcim re£be FG, und 
reila L O T K V (per prop. i .) harmonice divulitur 
punftis L, 0, T, K, & (pcr prop. j.) k pund:isL,C 
T, V, ergo coincidunt punaa K, V. Si L OTK ^ 
fit afymptoto parallela bifariam dividitur k puiiftis C 
T, V, & i punftis O, T, K, unde in hoc etiam cafi 
etiam coincident K, V. 

2. Si HOI diametro A O coincidat (in Enipfifcili 
cet vel le(3:.opp.) manifeflum eft fbre H K, I K ipfi A) 
parallelas. 
6o. ' ^^^- Cum eadem fit ratio refbc per taftum afymptot 
parallelx, atque ta£tus con jungentis ; liquet, fi refl 
H O I du£la fit alteri afymptotdn parallela, tangentaa 
in occurfu ejus cum fe£lione H K per ejufdem afym 
ptoti occurfum cum redbt A V tranfire. 
I Nota, fi O fit ccntrum ih Ellipfi erit A F paralkl 

AG, & H K II I K hoc eft refta A VJn quam con 
tingentes concurrunt, infinite diflat. 

Prop. VII. Theor. VI. 

6i. 62. ^^ ^^^ Seffhne Conicay vel feSfmibus oppojitis 

gy duRa quavis refla F Gqua feSHmi vel (eEftomlms op 

pofttis in hinis punSfis F, G ocCmrat {^velfwte unico /i 

fyperbola velfeSfionibus oppojitis) nec per centrum tranj 

eat ; 2)ico conjuhgentes taStus H I binarum quarum 

cunque contingentium B H, B I, 4 qmvispunSo B ti^ 

V G e^traJeSHonem vel feStimes Jumpto^ adfeSmm 

' vel feSfiones duBarum^ tran/irejper unum idemquepuf^ 

ffum A extra feStimem^ veljeSttmeSy punStum p^ 

cet in quod coeunt ctHitingcntes IbSHmemj velJeStim^ 

inpunSfis F, G; vel in quod tangens bcrum JunB^ 

rum altera cmventt cum aJymptQto^ fmties F G duS^ 

aj/mptoto parallcta* 


IfSl 

^Sfjpd fi pmffam B in dkeram i^mpmhn inctJah 

'^A fm amtaSfum micn^ contingentis k pundo B 

^aeidem aJ[ymptotQ, pdrallcla^ pcridmpunQum A^ 

^anjibit. 

, Hujus prof^ionis paucos tanium cafus {e muhis) 

\mris expreffimusy reliqms Juppkat kSlw\ exempli 

Mas bosy 

V OunipmSh F, G fmt ad eand^ fcStionemy H^ I 

fcrd ^dfppojitas. 

l Qim M^um B eji ad a^tMtoton. 

Qufi B c/i ad^mptoion ^ F GJimul ajymptoto pa^ 
fdkhj &c. . - 

: Apun^ B ducatur BKLM re£Uoni, vel redlio; 
mbusoppofitis pro libitu in K,M occurrens^ Sc redtx * 
|3I ^ o^us pcodudlae in L^ ta6tus cpnjungemium oc- 
piiius fic pundtum R, .[vel fone occurfus tadtus con- 
HDgentis cum re£ta ttx tadtum afymptoto parallela, 
Terctiavn bccurius auaruni re£tarum per conta£tus 
aTymptotis paraUelatum] & jungantur K R, M R, qua- 
Tuur M fi> fi opus produita occurrat eidem vel oppoiits^ 
feftioni in K, erunc (propter B K L M harmomc^ du 
vSm) redlae BR, KK^ LR> MR harmonicales, 
Bo^ B N (fi opus produ6ta) occmr^t L R (fi opus 
procludtx) in P, K R (fi opus prpdu^) in Q^ & fe- 
fiioni^ in O ; haec (per prop«i* hujus p.) harmonice di? 
riditur in B^ N, R Oy & propter hiirq|K>nica.les (per 
)emm^ 8.) in B^ N^P^Q, coinciduntergo pundta 0> 
P^ve occurfiis redlarum B N, K R in jpiam {e^tionem 
ucidic 

Dudlis igitur K S V, M TO iccanti}ips F G in S, T, 
hae (per lemma 9.) con venient fuper re£ta I H (fi opus 
prddu£t^)in punftulh fiUquod D ; (.ngm fi dicantur 
KN, HI, M O . parallcfe erit (per.k^nma d.) KS 
=SN&QTsTI4 linde FG tcanfibit percentrum 
(ontra liypothefin. ) Sed ob h^rmoQicaks L R D . 
JtRM,BFSRTG,KEOyrea«DNSK,POtM 
^noaicc dividuntnr i puoais DJN,S,K.; D,0,t>M ; 
uiidc (pcr prop.4,}Juna*DF,DGXe^pnera v?| 
V, :'- feitionc^ 


'^ 


fe£tion€s opp. contingenc^ vel ialtem continget alceia 
erit altera alymptotos, idett, non eruntaJ> AF, Ai 
diverfsc; tranfit ergoIHper A. . 

PropVni. Theor.VII. 

tf I. 61. Sumpto extra JeSfionem conicatn velfeBiones ^fiifi 

^l' 6a* ^^^ Quolibet punSto k quodnonjit centrum; 2)icomiM 

q^ycunfue H B, I B contingentes JeSHanem vel JeffH 

nes oppojitas in duohus occurjibus reSta cuji^ms A JH ] 

perpunBum A duH^:^ con^emre inpunOiim ulhpiodl 

refia: FG conjungentis taffus reStarum AF, AGJe 

^ ffionemy veljeffiones contingentium a punffo A duffa 

* rum ; veJ in punffum B < reffa quss per contaSum 

uniCiC contingentis apunffo A ducitur atterfujyfnptatH 

paraUehy quoties punffum kineadem ajymptoto Jum\ 

ptumejl* *r:.^ 

^ijiod Ji reffa ARl ^t akeri ajymptotin: paanJlehi^ 
contmgens in unico ejus occurju cum JeSione per ejs^ 
dem ajymptoti occurfum cmn reffa BF G frdnfibte, 

Converia ell: prscced. atqiie inde manifefta. Nam 
contingentes in H I cbeanc in B ; ex A du£tis continr 
gentibus A F, AG, conjungans ta£lus F G fi opus (mto- 
du6la tranfibK 'per B, unde iiqaet propofitufn. £c Qq 
inutatis mutandi$ in omnibus cafibus. 

Nota. Si IH fit diameter EUipfeos vel ik&,.omu 
punftum B ii^finite difiabit, bcic efl^ erunt IB^U^ 
GFBparallel»* - 

Pto^ IX. Theor. VHL 

• '• . - . . 

6^.66. Si feffionem chmam vel Jeffiones oppojitas^ comin^ 
^7. (J8. ^^^^ dua reffiC AF^AG concurrentes m Aj Jumpto- 
iSj). no, que in taffus conjungente F G punffo B, dstcantut to: 
tidem aliajeffionem veljeffiones contingentes B H, B I| 
prioribus contingentitus in K, L, & E, D occurrentes ; 
2)ico has quatuor contingentes i mutuis occisrjibsss^ pro^ 
prhjque contaffibus barmmce dhidi ; Jcilicet k^punffss . 
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K,F,E; A,L,G,D; B,K,H,L; B,E,I,D; vcl 

^ariam diyUi tantum quandn occurfimm vel cfmtaStu- 

l alifiiis abit in i^itum» 

j^tnMoti conth^entibus hijque faraSeUe fer ta* 
^/ij, tiAus contingentilws {ut in pricrtbus) accenjenlwr. 

Conjungens taitus HI (per prop. 7.) traafic pcr A ; 
propter B 6, A I harmonice divifas \ B, F, O, G } 

H,(J^I, (aut&jUeqi biiariAm divifas) ETmit AB^ 

F, AO, A0, icein B A, 6 H, B O, B I harmonicales, 
lade liQiiei; pitopoGc^ro^ 

. Ccroll Si trcs tantufp fint contingeiices A F, AG, ^^.^^^ 
pH, quarom quxiibec B H concin|jenti ta^lus reliqua- (^7. <j8. 
futn occurrit in B, ipfis vero contingencibus in K,L. ^p. ^^q^ 
"^ico hanc btrmonice dividi \ punftis ]§, K, H, L vei bi- 

riam tantqm fl &c. Duda A H & produda occujrrat 

ifliofli, vel feftioni oppoiite in I ; Contingences in 
1 & I coibunc;( per prop. 8 ) in aii^uod pundtum re^ 
Is FG, quod txii pundum fi in quod B H, F G prius 
coibant ; Redic ica^uc cafus in ilipm Imjus prop* p. Elj 
bc in teiiqiiis concingchcibus, & in onmibus ca(ibus. 

&boh In paraiieUs comingentibus B H, A G in Elli- 5«^, 
pfi & opp. ic6L iraniit cafus hujus corollarii ia iU^m 
rrflff. Prop. 27. partis i. , '^ ^ 

' * < * 

Prop. X. Tl^eor. IX. \ * 

.» • . ■ ' 

In JBMiffiy ^feStionibus oppofiti^ ; fili, terfninis ^<fu 7^*)^ 
^etri ahcujusA B ducantur contingentes A K, B I, cuu 
vis 4/?4? contingenti T D occurrentes in K, 1 ; iO/W 
AK X B I afuaie efic ouarta parti figura dtametri A Bj 
^•^' kfifi^ Centrum C ^ taranieter five latus re^tinh^ 
LR)CAx|I.R^AKxBI. > 

A contaftu T iprdi^ecur ad diametruo) redla T Q^ |( 
iiccntro C agatipr a4 contidgencem T D lefl^ C'R,.t^ 
ai8AK,BIparaifda; y^'' ^^ 

Per CoroU. 2, Prop. i. hujus parcis 
I, CD:CA:CO-H-ideft 
. . CD:CO::CAq:COq 

H E« 


Et dividendo 
r CO— CDj r COq— CAq^ 
xr< vel C D — C O >.CD::-< vel C A q— C O q $►€ 
C DO 3 C BOxOA 3 . 

Per Cor^. $. Prop. 24. Part i. 1 

BOxOA^OTq^^BA^LR::^'^^^}': ^ JI^ 

-CAq:^f4;J,^R B^velaltern: 

3.BOxOA:CAq::OTq:}figunediam.AB; | 

Ergo ( per Proport. a & j ) \ 

4.DO :CD :: OTq: | figurac diam. A B. 

Ob fimilia triangula. 
y. AK:OT::CR:Br/.^.OTxCR=AKxBI. I 

6.0T:CR::DO:DC::OTq:{2J[;j^{^j 

Ergo ( pcr Proport. 3 & 6 ) 
O T q : J fig. diam. AB : : O T q : A K xB I j Unde; 
fig.diam.AB = AKxBI. 

7 j. 0^0 ff. I. Si coeuntibus Q D refla T D fiat aiympto 
tosy fit AK = BI, unde AKq=^BIq=^figunedi 
am : A B. 

CcroU. 2. Etec propofitio cum Corollario primo va 
leat cojaverfim , nempe fitdh A K x B I = ^ fig. diao] 
A IL erit jun£b K I contingens. £t fi A K, B I «qua 
les unt^ erit K X afymptotos^ vel in EHipfi erit diametrc 
A B parallela. Oportet autem ut fumantur pun£la K, i 
in EJiipfi ex eadem parte diametri^ in oppolitisicftioni 
bus ex diverfis. 
> &60L Huic Seftionum opp. vcl Etlipfeos proprieut 
^l" refpondet illa Parabok A K q = 1 L R x A O. Nam (oi 
pA=AO)AKq = JTOq=|LRxAO. 
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P A R S III. 

Definitio. 

Ircfdm fy SeStio quavis cmica fi tnutm taftgere 
Scmtur , cum in communi occurfu ommums re^. 
ffa utramfue curvam contingere poteft. 

Coroff. Hinc li circulus iedioni conicx in quovis 
pun^ occurrat, mriuiquc vero curvae parces conc;ivx 
eaidem plagas refpidanty & immediace poft occurfum 
curvaram una ex eadem alterius parte ( concava ^l 
convexa ) utrinque reperiatur, curvse ie mucuo contin- 
gent. Nam re6la curvam exteriorem tang^ns utrinqne 
extra interiorem cadet, /. e. eam continget. Hoc co- 
rollarium non obtinet converfim ; ut iuo loco <Aen- 
dctur. 

Prop. I. Theor. I. 

Circulus JiSHmi conica qu^ ipja nonjit drcuhs vei j. i. 3. 
feffionibus oppojitis aJ quatuor plurima punSia occunit. 4. y. 
Ai tria Ji eorum unumjit contaffus^ Ai duo tantumji 
Htrumaue. 

Si Uicas quinque efle occurfus A, B, C, D, L ; conne- i. 2. 3. 
^lantur duo aliqui A,B item alii duo D, C, iu fcilicet 
ut reliquus L inter duos non connexos reperiatur, re- 
Axque A B, C D intra iedlionem (ele non decuflent^ 
<]uod (emper fieri pofle manifeftum ; re6tae A B^ C D 
produi^tae concurrent in P, vel erunt parallelx. 

Concurrant primo. Datis in utraque redb tribus 
P, A,B; P,C, D, & invenco in utraque intra circulum 
quarto divifionis harmonicx pundto E^ F, jundta E F 
produAaque occurret circulo in I, K, & fedlioni vel 
ieftionibus oppofitis in G,H. eruntque connexae PI, 
P K, P G, P H, ( pcr Prop. 4. p 2 ) contingentes. 

Hx Con* 


Conne£latur P L, haec produ£bi occurret rtSbt K I 
ifi O; circulo denuo ia M, & ieSkmi vel fe^ioai op 
pofitae in N» aut erit Parabolx diametery autHyper- 
bolx vel (e£t. opp..afyniptoto jAraliela. | 

X, Si occurrat<fenito eidem ieaioni, eadefii ( per Prop^ 
I. p. 2 ) propter circulum harmonice dividitur ^ piin-i 
£lis P,Lp,M, & propter Scftionem i pundlis P,L,0,N,! 
unde coincidunt pun^ M, N. ^ 

|. Si A B, C D, paraUdx finc, re£b per L hiipaieaUeia^ 
iemper occurrit «idest iedioai dmoo in, N» arculo iai 
M; eftque redarom A B, CD diaroee»r fediom & cii:-^ 
culo commonts & ( ob parallelifinum.) bifecat utram- \ 
gue L M, L N io O, unde coincidmit N,M. Erum er^ 
go iex communia pnn£la. Hi(ce modis, inoer duo quz<- 
cunque puodla (quoramvis quinque proximorum ope) 
aliud commune.pun&um invenietur,atqt]ffi ita porro ia 
infinitum ; fiquidem hujufinodi refU continuo eidetn 
jedioni denuo occurrat, unde le6tio erit drculus (^i- 
ori circulo cot^ruens) contra bypoihefin. 

p Si vero reila P L occurrat fciSlioni oppofitx in N, 
erit LO unius divifionis pars extrema, alterius media, 
& fimiliter P L, unde LO e.g* (per CoroU. 2 ad def. 
djiv' hann.) & major, & minor erit quam L P, quod ab- 
furdum eiL 

. Si fiierit parabobe diameter vel fayperbolx aiymptofo 
parallela ; propter circulum harmonice iecabitunit prt- 
us, & propter feftionem ( per prop. 2. p. a. vel GoroII. 
4, prop. I. p. 2 ) erit P L = L O, fiint ei^o P L, L O 
propter iedtionem aequales, & piropter circulnm ioae- 
quales, quod abfiirdum efl:. 

j 2. Si dicas quatuor efle occurfiis A,B^C,L, qnoruni 

unus A eflcontaftus; in A ihtuatur communis te^ 
contingens A P, & conneSantur duo punda fi, C, ita 
ut refiduum L fit inter tadlum A & unum pun^ruoi 
connexorum ; fi B C occurrat continfi;enti in P, inven- 
to incra circulum pun^o divifionis barmonicae F, du- 
<^bque A F occurrente circulo in K, & icftioni vel ie- 
^ftioni oppofit3e in H, eriuit juniltB PK, PH ( per Co- 

roff. 


np£ pofi prop* a* p^ z) cotioiigeiitcs^ dudaque PL, &c 
iK in BBom cafii paras pritns. 

Si A Py GB paralleke fint, toBtat CB diameter tranfi- 
lit pcr.A eflijae circuio & fedionicaiamuxiis^&c. at ia 
imili caiii pnrtis i. Erum trgo ^uiaqae coniniuiiia 
pnn^. Siqoidetti P L fimper denuo iedlioni ocair*» 
raty his medKidis ope quatuor proiciniorum pim6lovom 
guorum uaum eftcontaftos A vel qooramvis.^uinQuc 
proximoram (uc in porte prima) inveiiietur inter ouo 
|aasiri8.coaMiiunia pjjn&a. aliud iemper in infinitum un* 
ne cixculus ieftioni vel (oStionibus oppofitis congruet 
contra hypotbefin; iecusaiterum h pnoribus coaieque* 
turabiiiD&nL. 

.5. Si dicas tres efie .occurfiis A^B^IL. quorum duo A, B ^^ 
func contactus, flatuantur cdmittunes comingeotes A P, 
B P ; Si hae concurrant in P ducatur P L^ &c« ut in fi* 
milibus cafibus partis, z, & 2. 

Si A P, B P fKarallelx fint, disimeter re£be per L his 
parallela ^nfi^i per A, & B, &c. uc in fimilibus cafi- 
bus partis i, & x. Unde erunt quatuor communia 
pun&a. 

Ope vero ttnius conta^us & duorum occurfiium in* 
vemetur quintus, ut in parte Xy eademque jncih^xlo, 
vel iUa partis priime, inter duo quaecunque affii^natsi 
almdfciDV»ioiaankuai; Si^nempe P L ^coatiauo fe. 
£fioni. occnrmc; iecus alterum ^ prioribus ieqiietur ab» 
fiirdum. 

Nou. Si in parte i vel x hujus prop. dicatur P L ^* 
ie£tionem contingere ( quod in oppofiris tancum iedtio* 
nibus ulla verifimilitudinis ipecie dici potdB: ) coincidet 
P L^ cum P G vel P H, hoc eiLerit pundhim L idem 
cum G vel H^ cum punflo O^quod eit abfiirdiim. Eil 
«^mm O maniieite intra ciroulum ideoque ab L di verfiim. 

SchoL HaEC propofiiio valet etiam in occorfibus ie* 
fiionis cujufvis conicse vel iedl. opp. cura ieAionequa^ 
vis conica vel iedt opp. atquenxc demonftratio eo 
^^tiam extenditur. DemoQfltandum vero prius efl (quod 
^' coroUariis 3 & 4 pcop. i. p. 2, & cbc diapeirorum 

do- 


I 


io&rixa fiida cotnmode tist) G hyperbolc vel ie£ 
afymptoios fit byperbolx vel fea. opp. afytDptoi 
parabolz diaiDetro parallela, ie£tioncs in trious 
tnani ptiaftis, vel duobus untum quorum iin 
contaaus tibi mutuo occurrere. In duobus ven 
Qis k matuo non contingcre ; Unde re^ P L i 
lo cafu hujus propolttionis dici potett utriulque 
nis vel fe£t opp. afyinptoto parallela, nec panboi 
metei & fimul nyperbolx vel k£t. opp. atympta 
rallda; alias hoc pofito viubitur abfurdum. t 
lantum ^ux in iequentibtks ufiii funt conteoti, 
brevitatis ftudio fuper&demus. 

Dd. In omni icctioae conica, vel fe^kHiibui 
Gtis, diametri guibus oniiaatx fux ad re^ a 
ialiltunt Axes appellatuur. 

Prop.n. Probl.1. 

i^. 8. ^" Hyperh^ vdfeB. opp. ^ in EM^fi Jixes \ 
nire ; Ei dms tantum ejfe axes ofienJere. 

Inventa quxvis diaOKtro A B, qux in hyperbc^ 
fe£L opp. Iic determinata, Diametro A B ( /. ; . cc 
feftioius C intervallo C A, vel C B ) deicribatur c 
lus A M B G ; Hujus peripheria vel fedionem aut 
opp. ia A, & B, contingei, ( quo in calii per prop. prz' 
ced. ei non amplius occurret ) vel iterum occumt ic- 
£lioni, vel fectionilHis opp. in binis pun^s M, G. 

Si contingat in A & ^ erunt ipla A B atque huic 
coDJugata, Axes quicGti. Nam conciogentes circuluia , 
H A I, K B R in hoc cafu contingent etiam iedtioaen 
vel ie^. opp. eltque propter circulum angulus B A I, 
vel fi A H rci^us, & diametri A B conjug^ erit paral- 
lela A I, funtque diametri cooji^aia: aid fe mutuo ordi- 
naiz, promdcque hx diametri fibi mutuo ad angulos re- 
^os inGItenL 

Si A,B uon Gnt contadtus; Ex pun£torum A, fi 
utrovis A ad pun£torum M , G utrumvis M agatui 
A M; Bifedta AM in N, 6c per centrum C du^a C N 
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funt diameter CN atque huk conjugau Axes quadici» 
Dem. Prior cafus jam latis li^uet. in fecundo proban^' 
imi primo eft circuli peripheriam (cflioni, vel fcdio- 
itbus oppoGtis in Ail^G occurrere^ deinde angulunt 
}N A eUe re£lum. 

SeOionem vel feSi opp. in A B tanganc D A E>F B T, 
tx ( per coroll. 8 prop. 20. part. i. ) erunt parallelae ; 
■omque occurfus A, B non fint ta£luS| erunt nae ^ con- 
ingentibus circulum KBR, HAT| divcrfis; Unde 
sontingens (d^onem B F, tranfibit intra circulum, & 
bntingens circulum H A tranfibit intra ie^ionem^ hoc 
A feroicirculus B M A ad parces B eft extra (edionem, 
irel utramque (cAionum opp. ad parces vero A efl incra 
feftionem, vel unam feflionum opp. unde neceflario oc- 
lcurret ei alicubi in M, Pari racione alter femicirculus 
bccorrit feftioni ex alcera parce, vel fedlionum opp. al- 
leri in G. 

! Connexa C M, erunc ( propter circulum ) C A, C M 
aequales, eftque (ex conflrud:) M N == N A, unde Ang. 
iCN A redusi & fper cor.j. prop.i2. parc«i.) LC N O 
eil reibe M N A aiamecet ; Eftque huic conjugaca redx 
lif N A parallela^ncque conjugatx diametri, ad fe mu- 
tod ordinafae, proindeque in noftro cafu fibi mucuo ad 
angulos re£tos giQftunc. 
, 2. Si jam prxcer diamecros O C L, atque huic cdniu- p, j^ 

5* atam Y C X, hac mechodo invencas, alia quae vis T C V 
icacur axis ; A quovis pundo fedlionis vel utriufvis 
%ftionum opp. A, ad T V, & ad unum ex axibus primo 
iilventis O C L, tinc ordinatae A S R , A N M, & du- 
canturdiamecri ACB,RCQ,,MCP; Ob AS=SR, 
& Ang. A S C ( cx hypoth. ) redlum, erit A C c= C R ; 
Pari modo erit AC=:CM=:CP=CB = (prius) 
C R ±= C Q ; Unde ( ob has re£bs sequales ) circulus 
centro C tranfire pocefl per fcx punaa fe6tionis, vel 
fcft, opp. P^Q,B, A, R, M, concra coroll. i. prop. prx- 
^. Unde^ismetcr T V non ei;ic axis,neque huic con- 
*^ta. 

• ' Ceroff. 
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II. Coro/l i. In EUidG cohji^d u^cranfyerfi LC 
X C Y funt inxqtialts. Alias connexa L Y| & btfcSU 
p, duaaqiie dianietro BCpE^cfifet (obLC=CYJ 
angulus L b C re£lusy cujus coQtrarlum jam oftcndj 
mus. j 

CmlLx. InHypcrbola Axis tranlverfiis QCLdj 
minioia omniuni determinatariim diametrorum^ & huj 
propiores funt remotioribus minores. Nam fi T V didj 
tur minqr auam L O, i!emicii(;ulus diametro L O iecahjj 
T V in Z alicubi intra unam leftionum opp. & ei< 
occurret denuo in A, unde diamecer B C P quae bi(e 
junaam OAinP, (propter CA==Ca&OP=P AJ 
erit axis^ contra jam probata. Pari proruis modo ofieii 
detur T C V remotiore quavis diametro minon | 

13. VoroU. 3. InEllipG axis major efl: omnium diametra| 
rum maxima, minor vero minima, & minori propiores 
remocioribus minores; majoriy majores. Nam It T 1 
dicatur minor quam Y X ; Semicirculus diametro Y 1 
fecabit T V extra (edtionem in Z fecabit vero axeni nui< 
)Orem(propter C O c* CX) alicubi intra fe£tioneni in B| 
pccurret itaaue fedlioni alicobi in A ; unde oflendetaf 
ut in praecedenti eorollario diametrum B C P quae con* 
nexam X A in P bifecat, cfle axero^ ab ipfis O L, Y K 
diverfiim^ quod abfiirdum. Eodem modo oflenidetui 
majorem axem O L efie quavis alia diibetro T V ma- 
jorei% & majori propiores remotioribus majores^ mi^ 
noriminores. 
14. \s> Coro]l 4. In hyperbola vel opp. fefl. & Ellipfi, Diar 

i5. metri M C G^ A C B du£ta; ab extremis ordinatae cuju£* 
vis M A ad utrumvis axem L O fimt sequales, idem in- 
tellige de cbntingentibus M E, A E in pon^s M A^ fu» 
per axi(i)er Coroil. 17. prop. ao.pa.) in punfto aliqua 
k coenntibus. Patet ob M N = N A^ ob communei 
EN, NC, & an^Ios ad N re£tos. 
14. \%. Qroll S' In iifilem fe^onibus re^. EC bi&riam 

i6. dividens angulum vel ^ binis xqualibus contingencibu^ 
vel binis xqualibus diametris fadum, erit Axis. Nam 
bifecabit M A^ eidemque ad angulos rtiftos infifiet la 
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yperbola vel opp. Se£l. re^x quae bi&riam dividunt 
xrumque anguhun afyoiptot6n funt axes conjugati. 

CcroU. 6. £t quarum diametrorum angulum utervis 14* 
itis bifariam divid^t, eaedem funt xquales. Nam in £!• 
ipfi ex gr. Si dicas C Q (t vel cr C MJ = C A, jun6U 
i Q^fecante axem in P, & Sedlionem in R, ob equaies 
bgulos QCP,ACP,&CA sCQerit AP =PQ^ 
li: angulus ad P redtus ; unde A P R eli: ad axem ordina» 
ii,hoceIl AP==PR= (prius) PQ, quod abfurdum 
^\ £c codem modo (du<^l^ bujufmodt A P Q R) in 
^yperboU vel fed. opp. coroU. demonilratur. 
I Coroff. 7. Quac diametri MCG, ACB aequaliter ab X4* IS* 
ktrovis axe diibnt xquales faciunt angulos ad contiu- i^^ 
{entes in earum verticibus C M £, C A E. Nam trian- 
^uIiCM£,CA£ (imiles & squales func 
I OroU. 8. £x Coroil. z & 3. Liquet circulum fuper 
ixx determinato Hyperbolx vel iedtionuin oppoiitarum 
tanquam diametro defcriptum totum efle extra utram- 
^oe fo^tionem. Super £Jlipieos axi majore fedionem 
^bique intra fe contmere f up^r Eliipieos axe minori a 
k&one concineri. 

Prop. III. Probl 11. 

Tnvenire Axem Varaboy. Et unkum ejus ejje ax- 
pnpftendcre. 

Inventa qualibetdiametro C D, fumptoque in eadem 17. 
Dbivis pun£lo D, Statuatur ei ad angulos re£los £.D F 
Dccurrens fe&ioni in £, F ; Bifevla E F in B, du^hque 
B A parallela C D^ £rit B A axis quxfitus. Nam (per 
Coroll. i(S. Prop. 20. p. i.) efl reftae EFdiameter, 65 
ob redbis parallelas erit ang. A fi F re6lus. 

Nota f) pun6la B,D coincidant^ ipia diameter CD 
prioio inventa eli; axis. 

1 Si dicas alium effe axem C D ab A B diverfum \ 
Ordioata ad h^nc F D E fecante axem primo iuventum 
>n B ; ob paralle)ifmum diaroetrorum erit £ F ad utrum-^ 
que axem C D, A B redta^ hgc eft ad Qtrumque ordi- 
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nata i.e. tam ia B^ ^uam liiD hifhSti, qiK^dabTd 
dumcfl:. ' ' 

18. Corcf/. Corollaria 4, y, Prop. praeced. obtineftt etii 
in Parabola, eodemque modo patent ; Tjuoad connngei 
ttrs intellige; nam parabolaecentrum inKnicedilhc; d 
tinet etiam Coroll. 7. praeced. in Parabola, obfimiliai 
aequalia triangula EiVlN^EAN, & angulo^ GMl 
BAN re6los. 

Prop.IV. Theor.II. 

19. /n Effffifi iSametri ICH, KCG rc&artm kl 
A D, ufrmjfue axis extremn cfmjungentii^m Junt mji 
^ata^ ^ ofquiiks ; ^ fratcr ipjas mn Junt alia Jiam 

< tri conjugat<e icqualcs. 
i^. 'Jun6tis EB, DB, obCD = CE,& C A =CB,i 
angulos ad centrum reflos, erit A E B D Hgura paralll 
logramma laterum aequaluim, unde diametri, I H> K< 
bilccant etiamEB,DB, acproptereaerunt redlis E/ 
AD refpcdtive parallelx, hoc eft erunc diamctri II! 
K G conjugat«. Erk porro A F CN (ob A F || C 1 
& A F = A N utpote xqualium A D, A E dimidi^ 
hgura parallclogramma laterum xqualium, undc axi 
A C B bifariam dividet ang. F C N ; funt crgo (per O 
roli. 6' Prop. 2.) diametri K G, I H xquales. 

20. 2. Stantibus qusc in priore tigura, lic alia quxvis dl 
ameter O P ab iplis K G, I H diverla, qu« dividat ei 
gr. Angitlum GCH, itaque huic conjugaui QR ^ 
pundorum RQ^altero R contingat rcoa RT, cfl 
(propter conj ugatas diametros) R T parallela O P, hoc d 
non eft T R parallela H I, ncc K G ; concurrcc cri 
neceflario contingcns R T utrique G K, I H produia 
cxtra feaioncm in T, & L, (nam fi dicas T R L occui 
rere G K in K hoc eit fi dicas coincidcre pun6U R,K, cn 
paralleiare£bel Hcontra jam probata; paritcr dc puii 
1\q H.) Eritque manifcfte comadlus R mtra punftal 
T, xttXx L R T ; /. <f . intra pundta H K fcaionis, uni 
diametcr Q^R dividct angulunai H C K, itaquc fi axj 
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kCB Ct major, erit ob GK= HI (per coroll. g- 
^rop. 2.) O P cr Q R ; fi axis A C B ponatur minor^ 
:rit Q^R tr O P, hoc cft, crunt Q R O P inaequalcs. 

Coroll Hincduaruradianictrorum conjugatarum qnae 
ib ipfis K G; I H divcrfae funt, una angulum G C H di* 
ridit^ altera angulum H C K, qui cfl' huicdeinceps, ma- 
px quidem illum quem dividit axis major, minor aucm 
tc axis minor. E^dcmquc prorfus rationc oftendctur 
luas quafiibet diametros conjugatas dividerc utrumque 
ingulum k duabus quibuicunque aliis diametris conju* 
^atis fadlum. 

^ CbroU. 2. Unde in Ellipfi majoris diametri tranfver- 
^e.minorerit fecunda huic conjugata, minorismajon 
>int A B, E D axes ; O P, QR quxlibet diametrf con- 
ugatas, & alix quxlibet G K, H I : Cum OP dividat 
iog. ACD, huic conjugataQR dividctang. DCB; 
(c cum H I dividat ang. A C D^ huic conjugau G K di- 
ridet ang. D C B ; & cum eadem O P dividat ang. G C H, 
liuic cori|ugata QR dividet ang. HCK: hoc cft (i 
DP dividat ang. ACH, dividet Q.R ang. DCK, 
jmde (per coroll. 3. prop. 2.) erit OPcrHI, &QR*3 
|j K. Conrrarium accidit in hypcrbola, ut fuo loco 
pftendemus. . 

CoroU. 3. Hlnc fi duac contingentes Ellipfim QM, 
B M concurrant in M, contingens QM in vcrticc mi- 
horis diametri Q R major crit quam contingcns G M in 
ircrtice majoris diametri G K. Nam Q^M, G M, funt 
iiaraetrorum Q R, G K conjugatis O P, H I, rcfpeilivfe 
parallelae; Eftque (per prop. 17. vel i8,p. i.) Q Mq: 
MGq::OCxCP=:OCq:HCxCI = HCq. Eft- 
quc (pcr corol. praeced.) O P cr H I ; hoc eft O C cn #* 
ftC; undcQMcr GM. 

ScAol Cum in Hyperbola (non xquilatera) femidia- rw# /T/. ^b. 
roeter tranfvcrla C B fcmidiametro fecundae CD, hocf^^r***- 
eftfemicontingentiB L, fit ubique inaequalis, vertice 
vero B in infinitum abeunte & coincidentibus punfliis 
L, C, rcflix C B, B L aTymptoto & fibi invicem coinci» 
dant, hoc cft turadcmum fiant «quales; Refponde- 
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bunt aliquatenus Hyperbolae afympfoti £nk>ieos d 
roetris^ conjugatis aequalibus , fed cutn hoc aifcrimi 
quodellipkos diametri Gntaltera alterius, utravis vt 
aiymptotos Gi quaCl fui ipHus conjugata. 

In Hyperbola asquilatera diametri conju^tae fli 
ubique zquales^uti etiam in ElIipG^ (i EUipfiis ht circul 
Nam quod circulus inter elliples^d hyperbola xquilau 
(quoad proprietates ialtem nonnuUas) inter hyperbola 

Prop. V. Probl. IIL 

zi.zz. . Tn Hyperhhy ^ intcr feSiiones opp. ^ in ESipj 

invenke aiametros qua cumjuis ordmatis angulumfi 

aunt dato cuivis angulo non reSto Q, vel ejus comph 

mento ad duos reffos aqualem ; qui tamen in EBipj 

non fit majar eo quem faciunt reRa BD, AD abutn 

que extrem6 axis majoris ad extremum minoris Ju&d 

nec minor eo quemfaciunt reB^c ab utroque cxfrem 

flxis minoris ad extremum majons. 

Super utrovis axe EUipfeos, vel determinato hype^ 

bolac, vel fc6t.opp. A B, tanquam chorda ftatuatur arcus 

circLili AEB capiens angulum dato angulo Q^ vd 

jpfius coraplemento aequalera, qui (fi opus) pott A B 

Goiitinuetur : occnrret hic Sedbioni , vel utnque Se- 

^lionum oppofitarura praeter A, B in duobus pun6tif 

F, R; fumpto horiim utrovis F, conneftantur AF 

BF, quibus bifariam divifis in L,0, dudlifque diaf 

mctris HLCM, NOCP, hae duae diametri, toti 

dcmque aliae eodem modo ope punflii R reperienda| 

propofitp fatisfacient. /, 

zt. In EUipfi fii (exempli gratia) A B axis major, Sc6lio 

, nem contingat I A,in A ; circulum contingat re^la G A' 

crit ( proptcr axem ) ang. I A B rcSus, cumque arcfl| 

A E B (ex hypoth.) non \xi angulireih capax,coniinge|i! 

G A cum reaa B A faciet ex una parte angulun^ acututn 

tranfibitque ideo ex eadem parte intra (eftioneitt, hcM 

cft arcus ipfe tranfibit intra Seilionem ; rurfum arciij 

fuper chorda AB c-ipfens angulum aeqtiakra AJD^^ 

tranfibit 
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Gbit pcr D, crgo arcus qui (cx hypoth.) otpit an- 

um miaorem quatn A D B fecabit axem minorem ex* 

Se^oneo] in £ ; efl: ergo idecn arcus ad partes A 

Se&ionem, ad partes vero £ extra eandem, fecabit 

illam alicubi in F inter A^ E« Pari r^rtione iecabit 

dem in R inter E;B idemque erit (mutatismutandis) 

axe minori, 

In Hyperbola vel fe£t opp. contingat I A unam h 22. 
3;ioaibus oppofitis, & A G circulum : ob angnlum 
A B re6lum & B A G obliquumi non coincident I A, 
. Gy fed angulum efiicient, unde redla quasvis angulum 
A Gf dividen%tran(ibit tam intra circulum quam ledlio- 
yhoc efl circuli circumferentia ad pun^la A,B (nam 
btrittfque eadem eA ratio) tranfit intra fe6liones quas 
pum in & revolvatur utrique neceflario occurret denuo 
mF,R. 

Jam in utraque figura, propter F L r= L A, & B C = 21. 22. 
C A, erit C L parallela B F, & A F parallela C O, unde 
aog. CLA = COB = BF A =dato Qvelejus com- 
plemcnto. Idemque erit de diametris ope pundli R 
lepertis. 

Coroff. In hyperbola vel opp. fe£l. manifeflum efi: 
angulum Q fumi poQe dato cuivis obtufb vel acuto 
aequalem, angulumque quem determinata aliqua diame- 
ter facit cum fuis ordinatisy vel cum contingente in ejus 
vertice, eo obliquiorem efle quo magis eadem diameter 
ab axe determinato diflat ; & pariter in diametro huic 
conjugata. In ElIipG hujufmodi angulus ^b utravis 
axead utramvis diametrorum conjugataruii]'2equalium J 

fit femper obliquior atque inde ad alterum axem con* I 

tinuo ad redlum vergit : ut confideranti non difficile 
patebit. Qua in re ulteriorem ejufmodi diametrorum, 
cum hyperbolae, vel opp. Sedlionum afymptotis, analo- 
giam obfervare licet. 

Coro//. 2. In EUipfi , liquet angulum C L A vcl 
COB i femiaxemajore fubtenfum efleobtufum, nara 
huic aequalis B F A infiflit arcui B A femicirculo ma- 
ori. In hyperbola liquet angulum C L A vel C O B, 
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eOe acutum, namhuic aequalis B F A inGftic arcui A 
iemicirculo minori. Idem intellige.de angulis q\ 
ad ^eafdem parces hx diamecri faciunc cum concing< 
tibus in earum vercicibus : funt enim hx contiage] 
ordinacis parallelae. 

Prop. VI. Probl. IV. 

23 . /Jem in Tarahola pr^Jlare. Inventa qualibet diai 
tro K B L, ad hanc inclinentur dusc redbx A B I 
D B G E in angulis K B E, L B C daco Q_ aequalibi 
occurrences fe6tioni in A Q D E ; Biiecentur A G, D 
in ly G ; per 1, 6 agancur diamecri H I, F G. Propt( 
diametrorum parallelifmum erunc anguli H I B, F G 
xqualesdaco Qj unde propolico facisfic. 

Corol/. Facile manifellum eric dia^ecros F G^ H I aj 
axe M N acqualicer utrinque diftare ; & quo longius ali-'' 
qua diameterad ucramvis parcem ab axe diftat, eo hu*: 
jufmodi angulum efle obliquiorem. | 

i 

Prop. VII. Theor. III. 

-4- /« Hyperhla fecunJa diameter axi conjugata, vel 
qmdidem efty contingens in ejus vertice E B D afymto- 
tis terminata minor e/i quam contingens in veftice cu- 
jujlibet alterim diametri ut H F G ; ^ fuo qu^elibet 
diameter eH axi propior, eo ejufmodt contingens minor 
ejiy major quo remotior. 

Per ca6lum F &utrumvis re6l3eGHextremumi?.^.H, 
agantur FNL^IKjparallclx EBD fecances axim in NJ, 
& afympcocon (illam fcilicec in qua non efl pun£lum H] 
in L, K, & conneaacur L I. Ob G F = F H, erit H K 
= xFL;& ob EB=BD,ericIH = IK,hocefl 
I H = F L ; unde (ob parallelas re£las) eric I L = F H. 
Ec ( fi A B dicacur axis ) ob angulum I N L re6lum, 
cric I L cr L N, /. (?. F H c- L N ; unde multo magis 
F H cr D B, acque har um dupla G H cr E D. 

2. Si A B noxi fic axis fed alia quaelibec diamecer, 
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cM F auselibet diameter abaxe remotior quam AB ; 
feit angulus quem &ciunt reftx A B, E D ad parces axt 
(Mitrarias oDtufQS, cum (per Coroll. 2. prop. y.) fid 
^rtes axis fit acutus ; faoc eft erit angulus A B E ideo- 
ue & huic aequalis L N I obtufus ; ergo in hoc quoquc 
aful.lir LN; csteraque confequemur ut m catu 
^riore^ unde jpatet propoiitura. 

CoroU. I. Hinc (contra quam in Ellipfi) majoris di- 
fnetri tranfverfe major ell lecunda huicconjugata. mi- 
loris minor. Nam quo magis diameter hyperbolac ab 
pce diltat eo major elt ut in Coroll. 2. Frop. a. oflen- 
tim efL 

CoroU. 2. Pofitis ut prtus, fit contingentium H F G^ 
£ B D concurius 0^ erit F O cr B O. Nam (per Prop. 
id.p. i.)GFq: E Bq : : O Fq: OBq; undc 
[obGFc-EB) erit OFc^OB. Idem erit in Sefti- 
oncs oppofitas contingentibus. 

Leroma 3. 

Infiguris ABCD,7& BC=CD, 6*^»^. ACD 
liiujusy i.e. Mg. kCfi acutus iScoADc AB. if, %g. 

Ab A in D B (G opus produdam) cadat perpendi- 
bularis A E ob ang« acutum cadet haec ad punoi C par- 
tes B, ideoque D E cr B E Eflque 
ADq = AEq+DEq 

ABq=AEq+BEq.-aAEq+DEq 
undeADc-AB. 

Prop.Vm. Theor.IV. 

^araholdm in punEtis B, D contingMt B A, D A con- v\. 28. 
cmrentes in A, t(muj(jue B vel axis L M N vertici coin- 
cidat^ velfit etdem axi toEtu D proximior^ i. e. or^nata 
adaxemBMfitminorauam DN, dico DAcrBA. 

Connexa D B, & bile<£la in C, erit junda A C (per 
Prop» 20. p. I.) ejufmodi diameter & parallela M N ; 
Si B fit axis vertex, vel fi B, p fint ex eadem parte 
axis, manitcftuiq eii; A C non coihddere axi : Idem li- 
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Suet fi Gnt ex axis mrtibus diverffs propter BM -s D) 
: C B = C D. Produda Q opus D B occurret axi in ( 
erkque ang. .L O D /• ^. A C D manifefte obtufus, uq 
dc per Lemma praecedcns liquet propolitum. 4 

Prop. IX. Theor. v: 

ap.30. Tn omnt SeStime Conica^ Ad axem AHI quijji 
2 1. determinatus HyperhoUy JeJutervis EJlipjeos^ onfyi 
tur reffa C H B, occurrens Seffioni inC^B\ JupunSk 
vero C> B Scffionem cpntingant C Ay B A /itper axi coik 
currentes in A, vel in EUipfi forte axipara]kla\ Jk 
fcribatur circulus C E B I qm reffam C A (i. t,JcBV 
onem) in C contingat, tran/eatjue perpunffum B; £lh 
co eundem reffam B A, vef {fuod perinde eft) feQionei^ 
in B cmtingere^ ^ pr^terpunffa B, C, totum effe /#•, 
trajeffionemyjiquiium in EUipfi A H \fuerit axis mit\ 
for ; Sin A H Ifuerit Ellipjeos axis minar^ prater es^\ 
dcmpsmffa C| B, totmn ejfe extrafeffionem. 
ap.30. In omnibus cafibus occurrat axis iedlioni in Dj cir« 
^ I. culo in E ; fi concurrant C A^ B A, propter axem erit 
(per CoroU. 4. Prop. 2. & CoroH. Prop. 3.) h^'::^ 
A C, unde A B (ex Elementis) circulum continget in B, 
id elt (ex de£) circulus ie£lionem continget. Per D ^ 
E agantur F D, G £ Parallel» B C^ utrivis contingend 
BAoccurrentes inF<j^ cum fit axisAHadBC pef* 
pendicularisy erit ie£lionis & circuU communis diatne* 
ter, ideoquc (per CoroU. 8. Prop. 20. p. i.) Fli) icflt 
onem^ EG circulum continget^ eritque (per CoroU. 3* 
Prop. 4. vel Coroll. 1. Prop. 7. vel per Prop. 8.) B F c^ 
FD,vclfi AHfitEflipfeos axis minor FDc- BF. Si 
fit B F cr F D| cum fit propter circulum B G = G & 
crit neceflirio BG-^BF; nam fi BGdicatorcr vd 
= B F, cadet G E ad redbc F D partes A,vcl eidem coin- 
cider,hoc eft erii G E -la vel = P D adcoque ob B Ftn 
F D) erit B G cr G E contra circuli naturam. Eft erg« 
BFc-BG le. (ob redlas paraflelas) H D cr H E, hoj 

efl; punitutti E cadit innrarfeflionem. Pari ratio&e od 

cufifl^ 




[nl 

carfdi iloer uk ditd <drcuio I tifit intra dlipfiti« tkm 
iii Hy^rboli & pnraboh per ft tnan^^ - 

Si AHI fic axil niitiot dlt^ros» Cfrit (Ut priio) jt. 
B F "^ F P) utule btuid aUiitoili ndda oitenditur.piro^ 
^ E) I cadere exora ie6iioll€oi« Propter duos oonu« 
£h0 B^C cirtolua (p^Prop. t.) ft^oiii ooq an^lius 
Mcorrit) trgo in priori ^u (viM, cum £,1 iimintra 
■efiionem) circulas totui erit intra iedionem ; ia po« 
&erJori (wi hsec pun^ki fuot extn ieftioneoi) tocus 
irritextfa fedbonem. 

- Si in EUipfi AB, A CpaTilleloe futtrierit BG axia 
«■ide (tsi CknroU. 8. Prop. %*) |iacet propofitunL 
• Oraff. In %uris 19$ 30. Li(]oec Ciitulatnr CEBI ap, jo. 
amxiinljin eile omnium ftftioiii infirdpcibilianl & ean* 
4em in pun^ C taflgentiuifi. la ng. |i. €tmUum 30131« 
C£%B I ttfinimufU efle omaium EUipG circumicrtptibi^ 
liom&eandem m puii^ C catkg^tiadi^ Nam (^3^^ 
SO.) epiiittodt major ^aivis icdabtt fi C extri itdlkSKBi. 
In iig* j I • minor quivii iecabit B G intra io^oiMmii 

lifikmfii/lfu nffifyiieCh^ B k cmnnm^itm^ ^ i^ih 
/er B 4^M$ur Smeter B M Ky ^ydiibanck ftmBo C f;ff ^^ 
prSiutmrtSta^ VR^ mmm$s jcttioiu Jenm mlt yS^/S^! 
Jffcrikuur ver§ circuhu rcSam GA (i« e. fr&i-^^- 
Mem) infiunSto Cconrifi^em^ tranficnjque perpmGfttni 
Vif '2>ico bmc circuhm pr^ter taffmn C in Mice boc 
fmBo Rfiffioni ^cnrtere HoGeftejcunaffartereB^e. 
C R totum efie extrn feffmmtt^ m nitera intra fe&i^ 


iaHyperbobfj{^iiiboib,&EI^^^^ 3^' 

A H; Orcokiai refitatq C A in Ccbaiingefis & per pon^ 
fimn quodvitf N iftter B & R^ vel infer B & C^ tranw 
(ien%4nBiitfefit major erlt circulcT (in prior6 Prap.) per 
B tnmieunce (tiam. carcnlia per B cotui^ icitra fediioneoi 
cadit)& iecabirrcdam CB^odQ^m esctra iedlioncni in 
&h0Cdl circukis CX S ad partteiB eft extra ioAionem. 

K Ex 




Eic N brdmata zd dutmetcuin B MK ttSbt N T 0,oJ 
currec circulu&icdliooi deuup ia 0, uam produ^ O l^ 
cccurrac A Cia L,proptcr N L ||. A Berit (per Pro\ 
I7,&i8.p. I.) CLq: LNxLO::CAq: AB 
i. c. (obC A 0« A vB q)GL q=LN x L O ; und 
cum pundUim N| fit ad. circulum, erit & O ; & cum < 
fitconta^us^ cicculus CMOS (perProp..i.) uifi ii 
C, N) O ledioni non oocurret ; hoc eft^ cum S fi t e^ 
tra ie^Vonem, arcus N O.erit extra fe&ioncmi arcus v^ 
ro C N, C intra iedtionem ; Nam fi dicacur circpli^ 
cxutraqiie parteN, velOy efle excra iedlionem, ex trir 
bus occurfibus C, N, O ialtem duo ejruoccontaAiis^ qiK^ 
(per Prop. i.) iieri nequic ; eritque (ob pun£lum Rcx- 
tracircuuun C N O) cicculus C R maior circulo CNQ i 
Augente ie drculo CN O, & accedence pun£lo N ad I 
G| acraiet fimul O ad R, & coincidenubus undem N C^ ^ 
ooinddent fimul 0, R> & evaneicente arcu CN^ totus 
arcus C S O, /. ^. jam C R erit intra iedlionem ; vel tir* 
culuaad redhe G R partes B, efl extra iedlionem. 

3 ]. Porro ex altera parte re£tx C R, fumpto in ie£tionc 
punftoN,quod in Eliipfi non fit punctum K, duSU" 
que L N O ut prius ; cir cuius in C contingens & per 
N tranfiens ojkndetur (ut prius) tranfire per ; circru- 
lus vero C N O nifi in C, N, O ie6tioni non occurrit, & 
in Hyperbok i& Parabola quarum curvae ex hac pam 
" infinitx func^ manifeilum eft arcum N O eiie ialra ^c*^ 
£tionenL • 

33« In. Ellipfi vero du£la contifigente KP, eritlm 
prallela.AB undeobABq : ACq : :KPq: PCq 
& A B = A C,-eric K P = P p, unde punaum F (pct 
CoroU. K. Prop. 2.) eil; ad axem minorem^ & G K erit 
ad eundem axem ordinata ; circului<)ue c6ntiog^n$ iu 
C> & per K craiiiiens (per Prop. priseced.) erit tota ex* 
tra ic^Uonem, hoc eiHomprehendet pun£lum N» vel 
O, unde (obtadtumC) circulus.CNO minor eric aV 
culo per K^ & iecabic re£lam (H K incraiedionem.ia 
S; boc eil arcus N S O eric incra fedioAem. 
In omnibus igicur ieelionibus arcus N O eil incra. fc- 

^liencin. 


&mm. Erunt vero in omnibuS; arcns C N, C O ex- 
tra fefiionem ; nani fi dicatur circnlus ex utraque par- 
tepimdli N velO efle intra (edionem, h tribus occur- 
fil>QS duo faltero enint contaftus^ quod abfurdum eft; 
Comprehendit ininper circulus C N O punAum R^ pro« 
indeque eft (ob taitum C) circulo CR major. 

Minuente fecirculoCNO, & accedente pun£loN 
ad C, accedet fimul O ad R, & coincidentibus N C, co- 
incident fimul O, R^ evanelcente ar^u N C, totus arcas 
CSO, hoceit jam arcu$ CR^ erit intra fe6lionem; 
vcl circulus ad redlsc C Rpartcs K (/.r. ipfi Bcontrari^ 
as) eft intri icdionem. Liquetergo propofitum. 

Coro//. Hinc quamvis circitlus SoSltoni Conicae oc« 
CQrrens^ & ex ntraque occurfiis pane ad eaidem ftSii-^ 
oais parres cadens, in eodem occurfii (e£tionem neceflii- 
tio contingat ; non tamen circulus {e£lionem coni- 
cam contingens ni^ceflario tx utraque conca£Uis parte 
ad eafdem ejus partes cadit. 

CoroU. 2. Cum omnis circulus (e6tionem inC contiil- 32* 
geos^ & per punilum q[uodvis iri fttlione cx una parce 
te^ CR (qnantumvis pun6lo R propinquum) tran- 
£en^^ minor fit circulo C R, & ex utraque parte con- 
taftus intra fe£tionem repehatur, hoc eft magis incur* jj. 
vetur quam feitio in pun£toC; Circulus vero illam 
in eodem contingens & per puh^um quod vis ex altera 
ejuiclem redlae parte tranfiens^ fit major circulo C R. & 
ex ntraque contadtus parte cadat extra ieitionem^^ noc 
eft minus incurvetur quam (eftio in eodem pup£lo C ; 
Seftionem in hoc pundto C circulb C R aequicurvam 
cfle mento exif timare licet 

' SiaxisAHin EUipfi ponatur minor^ eadem erit de* 
fflonftratio fed inverfa viz. ^to tmjor legendo mmor^ 
pro intra^extra& vice verfa. - 


K i prop* 


- V 




ia Pciips priice^MUtHi^ iecats: C Q ia X ; J^ pra^o ^ 
{^ ]g^mof\^m N,0 ipQ C ppopinqmfc^ad dia 
9|iQxdni^NPIS|0ffwrcasictt^ C 

io; I ;^ ^Si^Qjmih^m ia S^ ^ ^ piuiAa Cw gattt r a 
C A ptttpwdic^lam C Pjticosis N ^m P i erknasacfl 
ciiM 4>»wtri ^ Col^ C A II N %) m^ HS^ iaPi 
Si.p^iia^ 1 0pa iic prinio imra aKOloQk CN<V^^^ 

fjom v^ miQveQi^ & ^mAo CNG^pcoutomaa 
If;<> fmm 9d )»i^ yd iUanpart^reasB CB». Qitt;^ 
^ tfWO (;wo^9€c^<^e.^ladC»& ad IL aoco^t coi 
tinuo I ad C, & X ad Q^, triofibit wmm oecsffiiri 
/ : p«Pt^^ i'mm (SKpAm CN O, mcaac maoifell^pJtJ 
(^^5P^pN>ig<iirfr«iX^^^^^ , I 

£lji^ l^ inob4k,(& ji^Gi qpiM) IttK^ ut >ccw gttte X ad 
; <;i«fei«perLC:Ci: : DF: FEicritpci (Prcfflk 
•' W»fr ^1CJ«IXE = NI%W^ 

i CI:JN^i^: ^JI:OE,*QhQic<;uIow 
.Mt?CI UX « Nlxl S faocctt 
- ^ Ct.^l: : ISiIXjHade per »*.EJts«&P<snttiiCK! 
r^ ,:vEJ:lS2:^Pe:I?C. . 

r. A^^i^e^ttM ^ 9dC} aocqdit finwil Qtdlt.^ ^.d/sotf» 
X ad Q, fitque ipfarum N I^ I $. libaiidiSQieiitia P I coiK 
tim^9m9ty om eft ceStat 1^1« i S| proiPficque kis ^ 
]^i9fMti(Qpdk%£i l^l^ cpAUoao ad «gii^litateii». vesM 
gunt; & tandem coincidetuibus pm&i^^PiX^i.Hifi^ 1 
Cy ftm&o O ip& R, adeo(}ue X ipu Q, & evaneicaicc i 
P I, evaneicum quidem limul I N, I S^ ied eodem tem- i 
pore rationem xqualitatis adeptae; unde evadit fimul j 
X^;^ D E, hoc efija^i C Q=D£ ; coincidentibus i 
vejro I^ C coiocidunt fimul E, F, hoc eft C Q = D F. i 

Eladem 


CbnSiaria . ad hoMC ^ Ttop^ pf^iced. 
ir«^irIitSeffioBi^Cooipa.m 34» 3^» 

rodttibi fi opu5 in EUipfi;) ufiat CQ «<)i^^^ ^o'^'^' 

(in diameartjMm«KtrOp !& iir fvf^ 6 &£mii$m coii- i^- 
B^K re£b C Ay ctrculus rc&am C A m C contingens 
^- pcr fipiftiMi Q ti^gficns, cttt frftkijMl ig ho^ ppn- . 
a Cac^aiaKTua. Si diamctcr C t*. jwp^aw^feu» 

«er ex jpmcdeiftibiis^ iiamiKm crii ^ ciroibCR4ir 

L cnmvcfQ lux prop«te»^,a»af)ci9t cttilifa^ 

ia»Qr «em; ctiamaacicoiDpetec» umdMWi- 

axiidQiute vidm abaxe iiaB cb&^ neilvclM^tfP 
nameter abaxis parametro. ^ 

: Ora& a. Gotncidemc i>«a&erC asis vettici G» (qui 3^* 
L eUipli fit major) comcideEi; ctiw ei pun^. BURf ^^' ^ 
DcafqaedrcuItCKqmp^ extt» f4lMcm cva^ 37* 
Ci^e^ hoc cfltQOiscircukaCRerit intra feiltonem ^]: 

enw^ arcus. circuii qai prius erat mua . fe^isQm ^ v»> 
eicet^ Hoc eR totus clrculus C R erit extra iedlionen). 
^ Qmrott* 5« An^Ekir igju^ iiMiQUwicf eli: hujufmodi |2, 33. 
ircoli & iedionis conicae conta^u^ quam fimplex qui- & 3<^, 
is cMU^Stu^ ied ia axis vertkc acOiffiami^ Nam fi .}7i jA» 
liQiSbmi C w cxtm axisvccueQitfimpIici conci^luiC ^ 
IrmliCKO cotocidit pccur£i3 N ; i» axis^ Yao vcf- 
kattoaoBedit&Q|ir>R* 

Cinra^.^. ^^ % 2^ 2^- LiiqipttcifCulmi^GQie. 3^<S9 37- 
^QmaximumkdK omoium fefbcmi iuifiriptSMbiiok & 
ipSaokjsi zs^ vcrtice G tangientapiai^ Naoirii. \%vin 
iamcteiaxi infinitft vJcinxu ameanc^ ide^ abaMnM 
i^i^ ciicidiaei]i]iQi(viawtts exira icdiDMiia eiii iar 
initaparvu5^hqc cii ncii diffiret cinadiia alah ipiib w^ 
ulo G(^ & quivis^$jiiiimdi cixciiHisr ciccutb ys^tkti 
urvQ mai9£ cx utraque ta^ piuxe «mt exna.lewo- ^ . 
tem. Pari ntiQn^ in % 38; Eiit Cunwlim GQ^ 
usimus omiUQm fe^tioQi dt^cumiomtiliilimii^ & eai^ 
bo^kvexticeiminaciiaxiiKiltaiv^n^^ : 
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^luR/mamtMm ^amori £ ¥ Jm^enirei t/m 
fKtf/to«i ^/> fumutfnie fmk&nfb ri^a fi C ; i. e. 

: iitE«Mciiigtf & A occttireBS «tri m A^ ex B td d 
metniftt £'l^von)iiiadr 9 Fy evit & F piiralMa B A^hi 
4e (t>b3CfNtr;dl.fiF> <rit F E r= B A^^z±: (perprc 
» • -pu i.) B p& A E»B P ; cft^cie (propKt axei 
jto^lbs AC Eirdatij, «r» ^ 

l^BC:tt(C*a±x)A£q— AGq» (obAB: 
B€>AB^^4BC;t}3sBFq^4BC^=:LRxE 
— -i^BCq = LRxBC~4BCq.unde(prdpar«^ 
Umidtitiidbieffi BQtfirU r = L K^ 4BG vel 1 r - 

= LRr- ^- ^' • 
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piiei)ii4iiatheeef i^e^Ecn&uU» 4utt^xtm: 
dkoiu R pari mMmni ^amori £ F Jmpertret 
nieMttd aecis jumtitnie ^auirnph ft^/i^itf BC; 

4.4;»C«LR/ 

: iitE«Maiigaf & A occttireBS axi m A^ex 
metraftt E* Fa>n)iiiattr 9 F , esit B F pftrallek 
<^ (t>b3CfNtraO.BF> €ntFEr=BA^^:±r (] 

%:^ i.) B p& A E«BP ; cftcjSe (| 

lf^BCte3(C£a±r)A£q--AGq» (ob 
BC>A E^~4Ket} »BF 5^4 BG^srL 
_^BCq = LRxBC — 4BCg,unde(pro 
Umidtinidilieffi B<9«ir 1 r = L K^ ^BG 
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P A R S IV. 

Pfop. L Thcox. I. 

I Orculus B C O kfuper axi majwe EJli^eos^ vet 
[fe^ionum Qppqfitarum A B, tan^uam Jiametro de^ 
nptus^ reStam quamvis 1 E T Seffionan^ vel utram- 

SeBtionum oppojita) um utcunque in T tangentcm 

rt inC^^D punffis^ fy in bisaigantur adconiinr 

xtcm perpendiQulares C F, D H, occurrentes axi iH Fj 

1 dico reffangula CFxDH, BFxFA, AHx 

I B /JJ/ invicem, ^ quarta parti figura axis^ ejk ^- 

\ana. 

r£xA,&B,ere£bc ad axetn per[)endiculares contin- 
pitem tecent in G, I ; produas ii opus C F, D H cir- 
Uo denuo occurrant m K, L ; produ£bque denigue 
tmtijigens occurrat axi in E| vel fit ei paraUcla. Si 
bcurrat, erit ob fim triang. 

EB:EC::BI:CF; & propter circulum EB: 
IC : : E D :E A : : (ob Gra. triang.) DH : AG ; unde 
krpL^" BI: CF::DH:AG, hoc eft CFxDH 
^BIxAG=: (per prop. lo, parti.) J figurag Axis. 
Sed (ob chordas C K, D L ad chordam C £> perpendi- 
llares) crit CK = DL, &cum fit B A diametercir- 
Jli,eritCF=:HL,HD=FK,undeCFxDH=: 
'FxFK = BFxFA = DHxHL = AHxHB = 
^rius ) I figurae axis. 

Si contingens fit axi parallela, quod fieri ooteft in 
Ilipfi; eruntCF,DH ad axem perpendiculares, & 
tefihiinvicem, quam re6lis A G, B I xquales, unde 
FxDH = IBxAG = CFq = BFxFA = DHq 
' ' A H X H B 

CmU. Ob A H X H B:;: B F X F A, liquet A H = 
F,BH=:AF. 

L Prop. 


1,2. 


[81] 

« 

Prop. II. Theor. 11. 

3. Tn ParahoUT h^Ji ah axeos A K vertice A erigatm 

uj^uc ad quafhUbet cotumgentem T E perpendiculark 
AGy^ apunffoG ereffa aJ contingentetn perpendh 
cukris G rf Jecet axim in H, ^// H A = | paramtn 
axis. 

A ta£lu T ordinati ad axem T K, erit (pcr Prop. i 
Part. 2.) AE = AKondc GA=|TK, &GAq=^ 
(obang-rca.) H A x AE= jTKq =AKxJParain| 
= A E Jf J Param. unde H A = J Param. i 

li 2. Yel aliter, confiderari potef t ut cafus prop. prxcecien^ 
tk- Nam fi Hyperbola yel Ellipfis AT vertice B id 
infinituiii abcunte mutetur in Parabolam, circulusdia^ 
metro A B degenerar in lineam redlam ad axem perpen- 
dicularem^ coinciduntque pun^la D, G, hoc efl reBz 
DH,GH; eflqueHAxHB = ABxJparam. & (ol> 
B iniinite difians) H B = A B, unde H A =| Param. 
axisAB. I 

1, 2» 2)ef. Punfta H, F (in Prop. 1 .) veteribus Punffa ex 
comparatione^ Ncotericis FO CI five FMBIL ICl\ 
appellantur. 
j, De punfto H in Parabola (in hdc Prop.) filent vcte- 

res^ \ neotericis tamcn Foci vel umbilici nomine pari* 
tcr infignitur. 

CoroUaria ad duas praced. Tropojitiones, , , 
CaroU. I. Unicus cfi Parabolx focus ; Sc<5lionum op* 
pofiururo, & Ellipfeos bini. 

1,2. CofoU.x, InScaionibus oppofitis, & in Ellipfi, jun-^ 
ftis I H, GH erit angulus I H G reftus. Nam ob A H x 
HB=IBxAG, i.e.Mi: AG : : IB: HB, &an-i 
gulos ad B & A redos, Gmilia erunt triangula I B HJ 
HAG, & Ang.BIH = GHA=compl.ang. IHK 
ad reftum, proindcque IHG rcdlus. Pari modojun- 
3- £lis I F, F G crit ane. I F G rcaiis. In Paraboia cum! 
punSum I infiniife diflet dua^ I H parallcU T E cricj 
ang. I H G manifeitc rc<^us. 1 

Coro^. 


^ CoroU. 3« Atquehinc in oppofitis Se£HonibuS| & EI* 
bpfiCirculus diametro I G tranfibit per utrumque fb« 
cnm. In Paraboli vero hujufinodi circulus (ob I G in- 
fiaitatn) degenerat in tcShm G H. 

CoroU, 4,. In omni Sedion^ Conica quae F E ex fb- 
corutn alterutro F efl ad axem ordinata^ asquatur axis 
ietniparametro. Nam in]Opp.Scd. &£llipG fitCD 
axis minor, erit (per Coroll. 7. Prop. 23. p. i. & Co!* 
roll. 4. Prop 24.) 

^Eq:{ SJ^JpB^^^AFxBFrBCq 

i. e. FE:DC : B C -rr proindeque FE=:| param. 
In JParabola ( ob B F = J param ) B F x param = { pa- 
ram. q = F Eq unde F E =2 1 param. 

OrollS' InEllipfifiCDfitfcmiaxisminoreritcon- 
nexa D F vel D H «qualis iemiaxi majori nam F D q = 
eDq+FCq= (propter Coroll. 4. Prop. 24.) B F x 
FA+FCq=BCq,und€BC=FD. 

In oppofitis Se£i;ionibus, vel hyperbola fi contitigens 
in vertice B occurrat afymptoto ih G erit C G = CF 
vel fi fic C D femiaxis fecundus ipfi C B cdnjugatus 
&conneaaturDBeritDB = CF namobCD = RG 
erit CG = BDeftqueDBq = CDq -f.CBq = 
(proptcridemCoroU^.) AFxFB + CBq^CFq; 
undcDB=CF. 

Qroil. 6. Hinc in Ellipfi circulus centro D intervaU 
h C B, In Hy perbola circulus centro C intervallo D B^ 
vel C G, tranlibit per utrumque fbcum. 

Coroll 7* Si EUipfeos axes fint sequales, hoc eft fi 
Seflio fit circulus uterque focus centro coincidit, nam 
B FxF A =CDq = (in hoc cafij) B C q undc co- 
incidunt F, C, H/ . .' : 

CbroU, 8. Si Hyperbola fit xquilatera, erit A F : B C : 
BF ~-nam AF xBF = J ABxparam = (itthocca- 
fo,jper Coroll. i. Frop. 24.) B C q. 

Coroll. g. In Hyperbolx aequilaterae utravis afympto* 

to fafta CG =C B,& per G dufia GF alteri afympto- 

t9 parallela, hooeitad CG peqpendiculari, haec per 

, L 2. focum 
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t«4] 

fociiio pftn&it Naai ob utrumqoe aag. C C P> G I 
femireaum,eritGF=GC= (ex couaru^) CB 
I>C;<!rgoCF = PB. 

. I 
Prop.IlL ThcDrJII, 

8,-p. In ltyperhl(^ vei Seamibm ofpofitis^ fb^mEB^ 
Ji 4i utrofuejko F^H^uf fu^fhds SeHiimis punSm\ 
pbi reffa C T E eandem contmgtt^ agaf$tur kina reS^ 


Occurrat prhno C T E v^i in £» Stancibas cirailol 
& reftis G F, D H uc pcius. 
%. In Hypqrbola vcl Se^. Opp. ordinatA ad axem r^ 
T K, per E ducatur X E Y paralleia T K /. e. ad BAj 
perpendicularis (ecaus cireulum in X, Y ; cuin fit propttt I 
6£tiQneip (perCorolI. i..Proai. Parfa)B K: KA;: 
l^ E ; 6 A) contitigentes circulum in X» Y coibunt &• 
per circuli diamctro B A (per Coroll, 17. Prop. aap/. 
& per Prop. i. p. %.) in punAoK> nnde (per Prop.3. 
p^x) CT:TD:: CE:ED. 
p. In EUi|^ ordinata ad axem T K, & pto^u£U ad dr* 

culum inX,Y; ciunfitBK: KA : :BE: EA, coo* 
tingentei circulum in X, Y coibunt in E, unde (pct 
'jp- Prop. 1. p.z.) erit in Ellipfl (uti prius in Hyperbola) 
CT : TD : : CE: ED : : (ob fim. triang.)CF : OH; 
ei*go ob sequaics aiignlos (re£lo$ fcijicct^ F C T, H DT ; 
^ proportionidia Uicra, ernnt trianiguia C T F^, D T H 
fimilia unde Ang, FTC = H TE. 
^?^/*/jf. a (in EUipfi) fit CTD parallela AB, res perfe fl»- 

Prop. IV. Theor. IV. 

z o. Si J^akAmMmlinisat usamMc C T Q /« T, taBm 
veroT^ focumlijii^g^THy^perTagatur F* 
AriHE/tfr^iSWi, i*r«4i?.FTC;=:HTE* . 

ManeatilwA quc^ ift Pl^. 2« ob K A :?= A E cricT^ 
;»^ £ ^ URdB (oliaf^ 1 H re£lfW> fifiilia & «^f 


icmnt trianmhGTH^HEG; crgoAng.HEG; 

r.FTC = HTG. 

Aliter flc : fi EllipGi, vd Hypcrbola (foco P in inE- 8, p, lo. 

tum abeunte) convertacar in parabolam, fiet F T pa* 

Bela HE, eftaucfemper Ang HTE = FTC 

Carolli. SidCiae parabolam contingentes BE,DE ir. 

iiatrrant ia £, connexis D H, H B erit angulu$ ad 

tom DHB = 2DEB. Tang^mes (earum unapro- 

tSbi) occurrant aici in Q I, fiatque E G axi parallela ; 

L triang. DHI, BHC ifoicelia, crit Angulus 

lHL=2DIH=aDEG,&LHB =aBCH = 

S E G ; crgo addendo li^t propofitum. 

^^aff.%. Contingcntes m cxtremisB,Dreflscujul^ ti* 

iB H D per parabolx focum da£be concurrcntes con* 

ituunt angulum B E D re&um. Nam oftendetur ut 

I priore CoroQ. Ang^BHL+DHL, /• e. z. Reifl 

;aBED. 

Prop.V. Thcor- V* 

In Hypcrhh vel ScSHonibus opmfitts^ fy EJHp/u 
ab utrojue foco HyF aJ quoduis Semonis punStum T 
|r«/«rrv*^HT,FT> dico in EJiipfi Jkomam ip- 
mnHTyVTj in ff/perbok earundem differentiam 
pari axi A B. 

Mancntibus quse in Prop. 3. Sit centrum 0, & con- 8, 9. 
faator OD, vel OC^exxgr' OD, rcftaque H D pro- 
o£b occurrat F T produ£& C(G opus) in S : Proptei; 
iog. HTD = (pcrProp. 3J STD^ &ang. TDH 
^um,eritST=TH&SD=DH; cftqueinEl- 
ipfiFS=FT+TH,inHyperbolaFS=FT~TH. 
PropterFH&SH bifeaas in 0,&D,erit ODpa- 
Jllela FS,& F S= a OD = (ob circulum) B A. 
CoroB. Si ab utrovis foco Hyperbolae vcl Se^L Opp. 
iTcEUipieos ad cujuflibet contingemisT£u£lumT 
«catur F T, & ^ ccotro Se^ionis O ad contingentem 
fque agatur O D ipfi F T praUeU ; crit D aequa- 
s femiaxi O B, vel A. Incidit enim in mcdium pun- 

dum 


Aum D reflx S H^quod efi: ad circulum AD CB ii^ 
Iiquet(5^r. 1 

NotSD=DH,&FS=BA. 

Prop. VI. Theor. VI. ' 

X j, 14» rtfdefntojitts ; in Ffyperhoh velSeS. opp, ^ JSm 
Ji taRu T ereSIa ad contmgentem perpendicularts ii 
Jecei axim in V, ^ ab V demittantur 4^F T, H T £ 
opus produfias) f>erpendiculares V X, V Y ; dico T j 
T Y effejibi invicem^ fy axis femiparametro dcquales. 
ly. . Jdem.erit in Tarahohj Ji ah hujufmodi punSto^k 
mittantur perpendicuhres adreStam T H unicumJcS 
onis focum H ^ tafium T conjungentem^ ^ ad reS^ 
TFper taffum duSiam axi paraUehm. 

Propter angulum CTF:i=DTH (per prop. 3. 
&VT ad C T perpendicularera, crit Ang. VTY= 
V T X ; & (ob aogiilos ad, X & Y rqftos, & comraur 
latusTV) erunt triangula VTX,VTY fimilia, i 
acqualia, unde TX = TY. Rurfum (ob.ang.CT' 
redhim) erit TV paralkla CF, & triangula FT^ 
F S H limilia ; 

Item (obTXVreibm, &TV 1! FC) Triangn: 
TFC,VTXfimilia; undc 

FS:SH::FT:TV & 
TX: FC ; :T V : F TDuaifque &c. 
FSxTX:SHxFC::FTxTV:FTxTV H( 
efi:FSxTX = SHxFC = (ex nota praeced.) aDi 
X F C = (per Prop. i.) § param. x A B ; fed F S (p 
Prop. PrsEced.) = A B, ergo T X = | parara = T Y. 
je InParabola, ordinata ad axem TL, erit (utinpi 

ore parte) triang. V T Y = & fim. V T X = & fir 
VTL, unde YT = TX= LV= (per Prop. i 
p. ? .) I param. 

13^ 14. Hoc etiam inParabola vel inde liquet quod Ellipfo 
vel Hyperbolac foco altero F in innnitum abeunte, < 
fe6li6ne in Parabolam rautata, fiet T F axi paralleh. 

Pro; 


. ::OA:SP; 
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i Prop. Vn. Theor. VII. 

Jh Hyperhola fiue oppofitis feffhnibus^ ^ EJlipfi^ i^> 17* 
Hftanm inter focum ©• centrum F O, eft fnedia pro^ 
"mtionaTts inter Jemiaxem majorem O A, ^fummam in 
H/perbola vel SeH. opp. fed differentiam in EUipfife- 
^iaxis ejujque femtparametri \hoc eft fipouatwr S B 
^emiparameter^ 

t rOAxSP 

|fig. axis 
OAq: -{ BFxFA 

in Hypcr : O F q — Aq 
_ m EUipfi: O A q — OFq J 
Unde G)mp. in Hyperbola, div. in EUipfi 

'Eflque hsec ratio duplicata rationi| O A : O F, ande 

Prop. VIII. Theor. VIII. 

In omni Seffione Cotiica^ fy in Seffionibus oppofitisj fi i g, f 9. 
ferfocum F agatur reffa linea PF Lfeffioni, velje- fj^*^ 
&ionilms ofpojitis occurrens in P, L punffisy in quibus & ust, •/f. 
feffionem^ veljeffimes oppofitas contingant P E, L E 
concurrentes in Eyfiveforte inter Je para//e/ce ; Connexa 
FE \yel fi contingentes fint parallela duffa VEAis 
paralield] dico ang, E F P reffum effe. 
' InvcntoaxeCF A, inutrovis ejus cxtreino [vel u- 
nico in Parabola] A, erigatur ad eum perpendicularis 
A D (/. e. contingens) cui prodtt£ia (fi opus) L P oc- 
currat in D, vel iit ei parallela. 

Si occurrat A punilo D ducatur (per Prop. 4; 

P ^ ) \ 



p.2.) contingens D I N ; oocoriet hasc axi in N, 
crit ei parallela. 

Ta£lu8 A, I jangat re£bi A I| fecans LP inM^ 
produda (per Prop. 7. p» 2.) tianlibit per E, nSt 
A E in punctis A, M, I^ E (per Prop. i.) hanaooice 
viditur. 

Porro in Hyperbolai Se£Uonibus oppoGtis, & 
li^inalcero axis extrcmo Cfit contii:^ciis CG, 
rcns D I N in G, & conne^tur G F. , 

Siquidcm refta D I G N occurrat axi in N, (()Qoi 
femper fit unico cafu in Ellipfi excepto) esdon {pt 
Coroll. Prop. p. p. 2.) harmonice dividitur in D, ^G^ 
alias biiariam tantum dividitur i. pun^lis D, I^G. 
vero pundum I utrique re£las DIGN^AMIEcl 
iiiune,& reliqua divilionum pun£b debfto or^e (jcn 
ta Lem. sh ^^ ^^* P* ^) junsunt rcEtx D M| EG> A q| 
[aut faltem erit A N paralldfa D I J unde (jper ideo^ 
Lem. 9y vel 10. p. 2,) re£be D M^EG^ A N m uniuq 
punftum coeunc, quod erit neceflario pun^um P ia 
quod redis PL /. e* DM,& A C /. e. A N prius coi-^ 
bam ; hoc cft re£la E G redUe G F coincidit ; unde an^ 
gulusEFP. i<r. GFD (per CoroH. z. poft Prop.i.) 
eritre£tus. 
ip. In Parabola, I D N femper occurrit axi & bifea- 
tur in D^ eftque pun£lum I atriqoe teStx I D N, I M A E 
commune, unde refbe D M, N A quae utriufque redx 
pun£bi debito onjine coniungunt, & re6b E H ^ reli- 
quo pundo E du<9a prailela I D N, coibunt (per Len. 
10. p. 2.) in unum idemque punaum F^ in quod fc3i* 
cetre£taeNA,&PL Le. D M primo coibam ; hocett 
coincidit £ H ipfi E F ; eftoue (ob redlas parallelas) 
ang.EFD/.^.KFP = IDF,qui(perconverf.Prop. 
2.) eft reftus. 

In Etlipfiy & opp. Sed. fi P E^ L E fint parallek, rc- 
^ P L axi coincKiit. 

Si P h fit parallela A D (qui quidem cafus in oppo^' 
fitis SedlioniDus non obtinet) erit ad axeoi ordinata, 
re£lac|ue E F axi coincklet ; elbque in utroque cafu pro- 
pofitio per le manilefta. Coroff, 


^0r^U> In Hyperbola vel feft. opp. Punfbrum L, P 
^to ^H. gr. ¥ in infinituai abeunce, conc/ngens P E 
^afynipcotos^^vaditqueififi L F par^llela, rd^que £ F 
i occurfu contingencis L E cum eadc9i aliyfnptoco ad 
cuni du£U ^rit utti ad aiymptoton, quaai ad re6lani 
.F, perpendicularis. Virl converfin) : Ab E ereda ad 
^mpcocoQ perpendicuiahs per focufn tranlibic 


Prop. IX. Theor. IX. 


'/ir Hyperhoh^ SeBtiomhus O^. ^ EUipfi^ fintfoci 2(?,3^c. 

\lSf9 m Sihpfi\ fmtatur punflMm C, utjit A B : (j H ^^^ 
^C H : H C ; spun^o G ereSi^ mJ axem pcrpcudicul^i 
'^^fumatur juodlibet in SeSione vcl utravis feffio- 

'm opp,punffum K, a quo dulia K E axt parailela oc^ 

rratC E w E, ^ con^effaturB K.^tco A B: (i H: : 

B : K E. 

PfodudaKB ((i opus) oqcurrac denuo fctSkioni, [vel 
fe&icmi cujiis ell: fbcus B ii puntium K (ic ad (edlionem 
pppolitam] in I. Propcer AB:<2H::$H:HC erit 
itteraaBdo^ Sc componetidQ iii Ellipfi, dividendo in 
liyperbola & (edionib«s oppofilcis^ 

Erit icaque (per pcoppf iy&6.p. 2.) reda C E illa 
k cujtis pundlum aliquod D coeunt rcStx K D, I O 
ftftioaefn vel fe6lioi>es oppolicas in pun^^is K, I caa* 
Sentes, dii^qne D B, eric (per prop. prasced.) ang« 
D B K redus, & ob angulutn D £ K paricer re^tam, ax* 
cqIus diamecro K D per pundta £, B cranfibit. 

Du61:a A K (& li opusproda£ia) fccec circulum in F, 
& conne£lancur F E, F B. 

Propcer ang. P K D {per prDp. 3 .) =£ B K D, eric ar- 
«QS K F =3 K B, d%or<i9({tte jk F «& K S, ac proinde<pe« 

Fop. J.) AF=:GH/ 

Porro (ob reftas paraBdas^ eric angyliis F K E « 
f A B ; & (ob F K = K B) wt in.Ellipfi & opp- i^ 

M ang. 


1 

'J 
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ang. F E K = K F B ; in hyjjcrbola vejo ang. F E 
corapl. K B F = (ob arcum X F =;= K B) corapl 
to K F B,/>. B F A, uflde inomnibus.TriangulaF 
F B A I]rai)[ia, ergo 

iGHT ' ' L KB r'KE. 
Coro//. H B : HC : : KB : K E, & fic ubiquc. 

Prop. X. Thcor. X. . 


22. SkParaboh H K, cujusfocm B, ^ axis B H, in 
Jumatm extra feBiomm H C = H B ; in punBo 
ere&a ad axem ysrfendiculari C Kyfumatur quodvis^ 
fe&ione punBum K, k quo dufia K E axi paraUela | 
currat CE in E, ^conneSfatw BK; ^co BK] 
KE. 

Du6ta contingente MKG, & ordinati KO; 
ang. MKL (per prop. 4.) =GKB=KGB, 
GB = BK. Sed(perproD. 2.p.2) GH = HO,uni 
additis xqualibus C H, H B, erit G B i.e. KB = C 
= (ob rcdas parallelas) K E. 
. Vcl aiitcr. Conlidcrari poiell: ut cafus praecedentis 
nam fi Hyperbola vcl Ellipfis, fbco A in infinitum ni^ 
grantc, mutetur in Parabolara, fitAB = GH&BH: 
HC, undeB:K = KE. 

22. CoroU. dm fit (pcr prop. ijr. p. 3.) HO quai 
pars cxcefsiis parametri diametri K L fiipra parametrumj 
axis, & C H= HB (pcr prop. 2.) fit quarta pars para^ 
ractri axis ; Liquet K B Uve K E = C O sequari quartxj 
parti paramctri diamctri K L. 

Prop-XI. Theor.XI. 

23. In Taraiola H K I, cujus focus B, ad axem H B ordi' 
nata B I, fumptoque infeliione tjuolibet punHo K, aga^ 
tur adordmatam ufque {ft opusproduHam) reSfa K D 
nxip^ralkla^ ^ conneffatur K B ; ^ D cadat intra fe- 
Bionem (i- e.y? Kfumatur inter H ^ I) dico B K + 1 

KD=i 


20, 21. 




t»^ 




l 


'— y 


i i> 


■ 
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l D = B I ; .^ D cadat extrafeBmem (i. e. Ji K /«• 
fe<i/«r^Ar<i//<?r^/wr/f rf/?i^BI) BK — KD = BI/.r. 
mm^arametro axis. • 

' fa6la C £ eadem quz in pnecedentiyhaic occurrat K D 
irodu6ta in £, eflqueB I (per CdrolL 4. polt prop. 2.) 
fequalis axis femiparametro r= (per prop. x. & ex con- 
irudl.) B C = (ob parall.) DE=KE±KD= (pcr 
jprop. preced.) BK±KD. 

Prop. XII.-Probl. I. 

7)atarum SeffioHum Conkarwn focos imfefure. 
Confit variis modis ex Propp. L & JI. cum Cordla* 
riisj & aliis hujus partis. 


M a P A R S 
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P A R 8. V. 

. Pfo]^. L ProbL L 


PER ^iatum punlittm B, intra Jatas ajymptotbs A I, 
Y^G.HypctboUmikfvrtkn. 
Per B ducantur utcunque quotlibet re6tx B A^BQ 
B I ad ttlMHD AiyMpto^ki . io A, Q I terrainaUy ad alte* 
rftiH vero in G^ E, K ( fiantque G F, £ D, K t^ ip& 
A B, B Q B I refpe^li ve aequales ; erunt puada F, D, H 
(per Coroll. i. Prop. i^. p. i.) ad Uyp^rbolam qu«fi- 
tam. Hac methodo^ ope ejuulem puncti B, vel cujufli- 
bet ex modo inventis innumera ejufmodi puni^la inve« 
nientur. 

2. CoroU. I. Hinc fi detur quselibet diameter determiaa- 

ta S B)& (ecunda huicconjugata NO, quae ad (e invi- 
cem inclinentur in dato anguio S M O ; defcribetur hy- 
perbola. Nam fit centrum M, dufbPBQ^parallela 
N M O, fadlifque BQ = 1*10 = BP, erunt junftac 
M P, M Q^ afymptoti & pundum B ad feSionem. 

X CorolLi. Vel fidetur SB diameter determinataj^ & 

L R prq paraipetro, cum angulo quem oportet ordina- 
tas, vel contingentem in vertice racere cum diametro ; 
defcribetur hyperbola. Nam media proportionalis in- 
ter diametrum & e)us parametrum erit fecanda huic 
conjugata ; unde confit per CotoM i. 


Prop. II. ProbL IL 

^. Datis EJSpfeos ^uihufcuuque dtametris con/ugatis 

Supfh nii' AByDEfe mutuo hfartam in CfecantibuSy^ ad imn' 
^* ^''^^' cem in dato fuovis angulo D C B inclinatis ; Se&ionetn 
defcribete, 

. Pcr utriufvis diamctri CD utrumvis terminum D 

ducatur 


/ 
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ducatur ad alteram A C perpendicularis D P, ci occur- 
rens in P; in qm fuauciir es^ utravis parte pundi D 
reda D Q xqualis iemidiametro A C^ & connedUtur 
QC <|ux etiam ex altera parce pun^i C producatur ; 
iuCQ^rumatur. ex utravis parte puii£U C, ptin^um 
quddvis <j (modo non fit C ma jor^quam Q Ci quo un- 

3uam centro intervallo Q P deicribatur circulu& iecaiis 
iametrum A B (G opns produ^lam) in F, T ; Connex^ 
ex. ^n G F) in nac ( ii opus produ^ta) verifus diaim- 
trum AB fumatur uS aoquaEs femidiametro AC» fi 
nempe pun^lum Q fuerit in D P ad utramvis partem 
proau^ ; iecus fumatur $ = A C ad partes ipii A 3 
oppoiitas : Erit pun£lum S ad ellrpiin cujus diametri 
conjugatse C A» C P* Idetp fiet ope pun<^i T. Eadem* 
que methodo quotUhet hujuimodi pufi<^ invenientur. 
Per G dudla I G parallela Q D fecante C D ia O^ 
conne<^latur S O, fiat^ue S R parallela C D iecans A C 
in R. Erit obPQ. || G I & ex conilruftioncj^ . 

S parallela A C & G 0= S R, S O = C R. Rurrus oti 
finj. triang. ' . . \ i 

CALq*^ C ARxRB 

Unde (per Corolt 7- Prop^ij^p. i.) pundlum S erit 
adEUiDfin- 

Corm. Hoc modO| ii detur utravis diameter cum ejui^ 
dem paranMtrO| & angulo quem cum diametrp facir, 
iint eius ordinatac vel contingens in vertice, deicribetur 
Eliipus. Kam ex data diametro ejui^ue parametro in- 
noteicit diameter huic conjugatg. . 

Sciol Si datse diametri AB^DE fint axes, coinci- 
dant CD,QpPj unde conilru<^io evadit fimplicii^ 
fima. 

Prop. 


$. 6. 


C J4 3 

Prop.III. Probl.III. 

SDafh TarahtJie diametro ptavis T D, vertice T, re- 
Ra TCpnfcontingente in vertice, addiametrum rn y «d- 
vis angulo C T D inclinatay ^ prd^ter T punfio qutnm 
V adSe£iionem\ Seffionem dejcribere. 

Pcr P dacatuf ^P C parallela T D occurrcns T C i« C 
In TD&CP, ad cobtrarias partes rcftx TC,.funian-| 
tur utcunquc aequalc^ T I, C L ; jun6b: P I, T L fefe in- 
terfccent in S, erit pun6lum S acb icflioncoi quzGtam. 
Eodcbquc modo quotcuftquc cjufinodi ponfta invc-' 
nientur. . | 

DiTcantur S B paralJela T b,& S 2 P D parallelae T C,j 
&connc6lattrIC;crit(obIT=:CL)lC I| TL- ; 

Ob fimilia triang. i 

BS:CL::TB:TC & 
J[}:CP::TS:{^^::TB:TC 
UndcBS:,CL:CP^Ergo ' 

BS:CP::BSq:CLq::{|;Bq].:{T^5^ 

Unde (pcr Cofoll. 4. Prop. xo.p. i.) erit pundluin S 
ad Parabolam. . ! ' • 

Kota., Si C L fiimatur citra redlam T C ( f efpcitaj 
fi:ilicetpun£liP) Tlulti-a; erunt pun6hS,P ad cafrj 
dem partcs diametri ; fecus ad diverfiis* 1 

Coroll. Hinc datis diamctro quavis T D ejufque pa-' 
rametro cum angulo CTD, jdefcribetur parabola; 
inam fumpto ubivis in diametro punftb D du^laque 
b P parallela T C , fi in hac fumatur D P media uro- j 
portibnalis inter parametrum & abfciilam, erit punaum 
P ad fc£l;ionem. LJnde confit ut prius. 

Prop.IV. Probl. IV. 1 

'Datis Hyperboltc axe determmatOy vel majwe Ei- 
lipfeosAB^ ©• utroquefoco /J G\ Seffionem defcifihcte 


.A 


[9f3 

In FG(produ<5l2 inhyperboll) furaatar utcunque 

Eundura C ; centrp F, intervallo A C, rurfus cencro 
f, intervalio C 6, defcribantur arcus circulares qui fete 
interiecent in D ; erit pundlum D ad ledlionem. £o- 
demque modo &c. 

Junilis F D, G D, ob DG=BC & FD= AC 
cric in Hyperbola F D — D G, in EUipIi F D + D G 
=: A B^ unde liquet per prop. f. part. 4. 

. Prop. V. ProbL V. 

2>atis Tarak/iC axc A Fy vertke A^foco F^ Se&io • '^' 
nem defcribere, 

In axe A F produ6ia fumatur A B = A F i. e | pa- 
ram. axis, & aucatur B E ad A B normale ; centro F 
intervallo quovis F C majori A F defcribatur arcus fe- 
cans A F produdlam in C, centro C eodem iniervallo 
defcriptus arcus fecet BE in E, denique centris E/F 
eodem adhuc intervallo deicripti arcus kk interlecent 
in D erit pun£tum D ad Parabolam. 

Eft cnim figura F C E D (per conftr.) parallelogram- 
ma xquilatera. Hoc eit F D = D E unde patet pcr 
prop. 10. part. 4. 


Ad(ii. 


Additiones five Explicationes. 

Ta£. jx. Cor. 8. Prap. %yfic kgwdmu 

^ CcroU. «. Si anguitisafyittptocdo ficrcaus, «lit «bi- 

qoe CB=: C D, B acimis Cf B tr G »£ fi dbmfu* C » 

•3 C D. Nam fcmicircolus diaoi^ tro K L a £ D in 

primo cafu tranfibitpvr C, in fecundocitj^ Q in ar. 

px. tio ultraCj undcCB2S;Cr,i^BLi.rCD. SidJi- 
pfis fit circulus erit ubique C B = C D. ^ 

IDkD H: NGt| : :<3 D :G K &percowilLprop.fa 

.3{NGq^^^^*^^-'*^^-GfE»naccxxcjuo 

4'lDicDH:HExEI::&c. 

'Pag;. f 6. adfinem demmfirafionisfr$t>. ^. tuUe 

Si M R fit afympcoto paralldlt, duccad^fuiat KN, 
B N fauic parallei» ; fiQF,HIfinc|aaUciae(quod in 
opp. ^eft, ficri poteft) ^uccnda fonc l^ R, K K iiis pau 
rallelse &c. Si refta aliqua fit cuivis harniofiicai»ii| 
parallela, non harmonicfe fed bifariam fccabitur ; ca- 
demquc (quae prius) lequentur, adhibitis (pro re nata) 
lemmate 6 vel lo, & coroU. 4 vel jr prop. r. 
JFag, 66. Unpenuh,p(fi b<€c verba [punfta H, K Se- 
ctionjs] adJe 

Nam fi djcatur effe inter K, I vel H,G ; cum LT 
occurrat utrique G K, H I, occurret etiam ipfi O P (ut- 
pote in hoc cafu intermedi») cui tamen parallela cXL 
^uod abfurdum ; unde &c. 

Tag. 8y. pofi coroil. 1 prop. 4. aJJe 

Si punfta H, E fint ad diverlas partcs redlae conjun- 
gentis tadus D, B, ollendctur angulum ad fbcum D H B 
afqualem cfle cluplo complementi anguli D E B. 

FIN/S. 


Errata graviora Jic corrigenda. 

PA G. 3 . lin. a?. lege twnmgit^ & dele [tcnu p. f . liti. 8 . acaxnh <£•• 
nm in F. ib. lin. i6. plano, flam A D BfaraUelfh ib. lin.3 2. pro 
B 1. E. p. 8. lin. 2. pro B C E J. B C F. p.7. lin.3 1. pro D F I K K 
£F H K. ib.lin. 32. pro FGIK l.DFIK. p. 10. lin, penalt.pro AE 
I. A D. p. 13. lin. 30. amcurram. p. i J. lin. 6.Ht m C,G. ib. lin.14 
mterfrSiiom. ib. lin. 17. D C K. p. 16. ad lin. 9. in tnargine pone 
numerum 43. i{>. ad lin.14. pro 43 (hbftitue 42. ib lin.i8. afympo* 
tos, p. 17. lin- II. pro B Dl. B,C. p. i8. adlin. 27. in nurg. ponc 
num,$6. p. 19* l.^^.OsPjQ^N* p. ^o.lin. 12. ^ quadrads cmtm' 
gimkm, ib.17. infmtanm, p.2f.lin. 14. proLGl.LE. ib. adlin. 
31. in marg. faibie nuni.78. p.28.1in.i. pro daB^ L d*ue, ib.lin.i8. 
pro HK ]. IM' ib. adcor. i^.inmarjg. adde v^m. 78. p. 32.lin.17. 
frop. 20. p. 33. lin. 12. ^. p. 34- !*«• 3^* 4- L R L x D K — M R x 
DK. p.35.1in.i7.proORl.GR. p.36.1in.r4,proMGl.NG. ib. 
lin. 28. funBis N, D. ib. lin. 33. y^ ( ^oBu L if^tmtnm ab. ) reSia 
A L fiat, &c, p. 37. lin. i. fim^is D, N. ib. lin. 13. in B, E. p. 39. 
lin. 23 . aUmta, p.41. lin. i.C B. ib.lin.8. pro C E l.C B. ib. lin. 1 1. 
pro GS l.CR. ib.lin. 1 2 .pro CB 1 . CB q pro QR l.QR q. ib.penult. . 

ptt tertia S^c. p.4j.lin.4.F E, GE^HE&c. p.46.1in.i2. Sed(fer€o* ^ 

rolL 6. &c,) ib. lin. 20, 2 1 dcle &. p. 47* 1* ^si. E I M H, B L N F 
tfJiD G fmUeia occtirram &c, p.^^.lin.^. ocatrret, ih. ^o,incoroll,i., 
p. 49. lin. 4* unde (fer jam &c.) p. $ j. lin. %. QJPfarallela F G eidem 
&€. p.^ 3 lin.17. & 19. pro A K. 1. A y. p. 54. antepenult 6c penult* 
tangens infsmBo wiico cofrvenh. ib. in xnatg. ad prop.7. adde num. 64. 
p. ^j. lin. 5. taSus conjtmgentilMs. ib. lin. 1 2. conjmigenti. p. 5 8. lin« 
ij. Per coroU. 2. frof. i. f. 2, & ob fimilia triangula. ib. lin. 17. fer 

Sopm. ^&6. p. 61. lin. 19. faralieU. ib, lin. 23. ^nttms, p. 65. 
n. 3 5. dele coroU. i. p. ^^.lin. i^.trian^tla &c, p. 66. lin. 26. «r^ 
htic conju^ata pjEl ; tnfmBman &c. & 29. ocatrref. p. 7 r. lin. i8. 
dele 3. ib. lin. antepenult. eytfdm. p. 75. 1. 9* & evamfieme. ib^ 
antepenult. l.Schol.fiaxis &c, p.79. lin.6. coinddet i fed(fer frof&t.) 
ib. lin.19. occurfimm. ib. lin.3 2. 4 /4^m T^ occmrrem axi. p. 85. Im* 26. 
dele O p. 86. lin. 6, fi d taBu. ib. lin. 28. pro frof.fr^ed. 1. not. 
fr^eced. p. 87. lin. 20. pro A S x S P 1. A S+S P. p. 95. lin. ult. fer 
frof. 10. 

Pag. 74« lin- 7- pro C M O S 1. C N O S . ibid. lin. 1 8- pro intra 
1. extra. 
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